GV : Dao Phwong Thao luyenthi-htt

TOAN BO CHUONG TRINH

-

TOAN LOP 11- GIAI TICH& HINH

CHUYEN PE 1: LUONG GIAC
A. KIEN THUC CAN NHO

1. Phwong trinh lwong giac co ban

1, Cosx =Cosa 3, Tanx=Tana
X=o+k2 =—
{ _oc kfzz (keZ) <X OL+k7Z'(kEZ)
X=—0+Ker Pic biét:
Dic biét: % Tanx=0 < x=kx
. B o
* Cosx=0 o x="+kr % Tanx khong xac dinh khi x =g+ kn
< Cosx=1<x=k2r7 (Cosx =0)

R

% Cosx=-1<r7+k2r
. . 4, Cotgx = Cotga.
2, Sinx = Sina.

‘= ot k2 < x=o+kn(keZ)
= (keZ)

X=m—o+Kk2n Dic biét:
Dac biét: % Cotgx=0< x:E+ kT

% Sinx=0<x=kn
% Cotgx khong xac dinh khi:

% Sinx=1< x:g+k2n

x = kn(Sinx =0)
X Sinx:—1<:>x:—g+k2n
2. Cong thwre lwgng giac co ban
1. Sin*x+Cos’x =1 2
in“x+Cos“x 13. Sin’x — Tan );
1+Tan“x
2. Cod? =1+Tan’x . )
0S°X 14. Tan’x —Cos2x
1+ Cos2x
3. —=—=1+Cotg’x
Sin“x s CosxCosy =

4. Cotgx.tanx=1
° %[Cos(x+y)+Cos(x—y)]

5. Sin’x =(1—Cosx)(1+Cosx)
% SinxCosy = %[Sin(x+ y)+Sin(x-y)]
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. Cinuoi 1
Soix =1+Tan?x < SinxSiny = —E[Cos(x+ y)—Cos(x-y)]

7. Sin(a+b)=SinaCosb+ CosaSinb & Sinxs Siny = 2s|n[ ZijO( .

7

8. Cos(a+b)=CosaCosbF SinaSinb
9. Sin2x = 2SinxCosx % Sinx=Siny = ZCOS[XWJS'”( j
y
y
2

10. Cos2x = Cos?x = Sin?x = 2Cos?x —1

% Cosx+Cosy = 2Cos ( > Yy j Cos (;j

=1-2Sin?x 2

11.

—— =1+ Cotg°x % Cosx— Cosy_—ZSln( ijln(;j
Sin“x 2

12. Sin*x =(1-Cosx)(1+Cosx)

3. Cach giai mdt sé6 phwong trinh lwong giac thwong gip
a) Phwong trinh bdc 2 déi véi mét ham sé lwong gidc

Dang at® +bt+c =0 (voit = mdt trong 4 ham sin x, cos x, tan x, cotgx )

Giai phuong trinh bac 2 tim t thudc [—1;1]
b) Phurong trinh bdc nhdt doi véi sin X va cosx

Dang asinx+bcosx=c

- Néu a® +b? < c? thi phuong trinh vo nghiém

- Néu a? +b?>c?thichiaca 2 vé cho va’ +b?

Bién d6i phuong trinh vé sin(x+a.) = Vil goc ¢ coso = &
2 2 2 2
a“+b JaZ+b
¢) Phuong trinh dang cap bdc 2
Dang asin®x +bsinxcosx +ccos’x+d =0

TH1: cosx =0 thay vao pt xem c6 thoa man khong

TH2: cosx¢0<—>x¢g+k2n

Chia ca 2 vé cho cos® x dwa phuong trinh vé theo tan x roi giai tiép.
B..CAC DANG BAI TAP
|. TRAC NGHIEM
DANG 1. HAM SO LUONG GIAC

A A s e Y X
Cau 1: Tap xac dinh cua ham so y:sm—lla:
X+
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A.D=R\{-1} B. D =(—1;+x) C. D =(—0;—1)u(0;+0) D. D=R
Cau 2: Tap xac dinh cua ham sé y = cos /x_+1 la;
X
A.D=[-10) B. D=R\{0} C. D =(—o0;—-1]u(0;+e0) D. D =(0;+)

CAu 3: Tap xac dinh ciia ham s6 y = +/cosx —1 +1—cos? x la:

A. D= R\{2+kn|keR}B D ={0} C.D=R\{kn|keR}D.D={k2n|k eR}

A k Ao N
Cau4:Tap D= R\{?n\ ke R} la tap xac dinh cua ham s6 nao sau day?
A. y=tanx B. y =cotx C. y=cot2x D. y=tan2x

CAu 5: Tap xac dinh cia hamsd y = cot(x + g) la:
T T
A D:R\{€+k2n|keR} B. D:R\{—§+kn|keR}

C.D= R\{6+kn|keR} D.D=R\{—§+k2n|keR}

CAu 6: Xéthamsb y =sinx trén doan [—n;O]. Cau khang dinh nao sau day dang?

A. Trén cac khoang (—n —gj [_E Oj ham s6 ludn dong bién,

B. Trén khoang (—n;—gj ham s6 dong bién va trén khoang (—g;oj ham sé nghich bién

C. Trén khoang (—n;—g] ham sé nghich bién va trén khoang (—%;OJ ham s6 dong bién.

D. Trén cac khoang (—n;—g] : (—%;0) ham s6 ludn nghich bién.

Cau 9: Xéthamsb y=tanx trén khOang(—g Ej Cau khing dinh nao sau day la dang?
A. Trén khoang [—E Ej ham sb luon dong bién.

B. Trén khoang (—g;oj ham sé dong bién va trén khoang (O;gj ham sb nghich bién.
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C. Trén khoang (—g;oj ham sé nghich bién va trén khoang (O;gj ham s6 dong bién.

D. Trén khoang [—ggj ham s6 luon nghich bién.

Cau 10: Chon khang dinh sai vé tinh chin Ié cua ham sé trong cac khang dinh sau.
A. Ham s y =sinx la ham so le. B. Ham s6 y =cosx la ham s6 chin
C. Ham s6 y = tanx la ham s6 chan D. Himsé y = cotxla ham sb Ié
CAu 11: Trong cac ham sb sau dau la ham sb chin?
A. y=sin2x B. y=3sinx+1 C. y =sinx+ cosx D. y=cos2x

Cau 12: Ham s6 y = sin 2x tuan hoan véi chu ky:

N |
O
N3

(L
A. 2rn B.m C.
Cau 13: Hamsé y = cosgtuén hoan véi chu ky:

o
A. 2% B. E C.bn D. 3x

CAu 14: Ham s6 tuan hoan véi chu Ky:

T
A. 2rn B.w C. 5 D. 4xn
DANG 2: PHUONG TRINH LUQONG GIAC
Cau 1: Nghiém cua phuong trinh cosx =1la:
A. x=kn B.x:g+k2n C. x=k2n D.x:g+kn
. o, o 1,
Cau 2: Nghiém cua phuong trinh smx=§ la:
A. x=Z+k2n B. X=—+kn C. x=kn D. x=—=+k2n
3 6 6
Cau 3: Nghiém cua phuong trinh cos x :—% la:
A x=++k2n B. x=+_+k2nr C.ox=+2"ikon D.x=+Zikn
3 6 3 6
Cau 4: Nghiém cua phuong trinh cos’ x = % la:
A. x=+Z4k2n B. Xx=—+ke C. x=t=+k2n D. x=+>+k2n
2 4 2 3 4

Trang 4



GV : Dao Phwong Thdao luyenthi-htt

Cau 5: Nghiém cua phuong trinh sin3x = cos x la:

A.X=E+kE;X:E+kn B.x:k2n;x:£+k2n
8 2 4 2
C.x:kn;x:£+kn D.x:krc;x:kE
4 2
CAu 6: Nghiém cua phuong trinh sin® x +sinx = 0 thoa man diéu kién —g <X <g
A. x=0 B. x=mn C.x== D. x=Z
3 2
Cau 7: Nghiém cua phuong trinh ZSin(4X—gj—l=0lé:
A.X:E+kE;x:7—n+kE B.X:k2n;X=E+k2n
8 2 24 2
C. x=kmx=n+k2n D.x:k2n;x=kg
Cau 8: Nghiém cua phuong trinh cosx +sinx =11la:
A.x=k2n;x:g+k2n B.X=k7‘c;X=—E+k2n
C.X=E+k7'c;X=k27t D.X=E+ch;X=kn
6 4
Cau 9: Nghiém cua phuong trinh sinx.cosx.cos2x =0 la:
A. X=kn B. x=k— C. x=k= D. x=k.=
2 8 4
DANG 3: GIA TRI LON NHAT VA GIA TRI NHO NHAT
Cau 1: Gia tri nho nhat va gia tri 16n nhat cua ham sé y = 3sin2x —5 lan luot la:
A.-8va-2 B.2va8 C.-5vaz2 D.-5va3

CAu 2: Gia tri nho nhat va gia tri 1on nhat coa ham sé y =7 — Zcos[x + %) lan luot la:

A -2va7 B.-2va?2 C.5va9 D.4va7
Cau 3: Gia tri nho nhit va gia tri 16n nhét cia ham sé y = 4+/sinx+ 3 —11an luot 14

A \2va2 B.2va4 C.4/2va8 D. 4/2-1va7
Cau 4: Gia tri nho nhat cua ham sb sin® x — 4sinx—5 la:

A. -20 B.-9 C.0 D.-8

Cau 5: Gia trj I6n nhét cia ham sb y =1—2cosx —cos® X la:
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A2 B.5 C.0 D.3
Cau 6: GTNN va GTLN cua ham sé y =5cos2x —12sin2x + 4 bang:

A.-9val7 B.4val5 C.-10va 14 D.-4va8
Cau 7: Tim GTLN va GTNN cua ham s y =(2sinx+cosx )(2cos x —sinx)

A.Evé —E B.Zvé —Z C.lvé —l D.5val
2 2 2 2 2 2

CAu 8: Gia tri nho nhat va gia tri 1on nhat cua ham sé y = 3sin2x —5 lan luot la:
A.-8va-2 B.2va8 C.-5va-2 D.-5va3
CAu 9: Gia tri nho nhat va gia tri lon nhat coa ham s6 y =7 — Zcos(x + %) lan luot la:

A -2va7 B.-2va2 C.5va9 D.4va7
Cau 10: Gia tri nho nhét va gia tri 16n nhat ctia ham s y = 4</sinx+ 3 —11an Iuot la:

A J2va2 B.2va4 C.4J2va8 D. 4/2-1va7
Cau 11: Gia tri nho nhit caa ham sé y = sin’ x — 4sinx+ 2 la:

A. -20 B.-1 C.0 D.9
Cau 12: Gia tri 16n nhét cua ham s6 y =4 —2cosx —cos® X la:

A2 B.5 C.0 D.3
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1. TU LUAN
GIAl CAC PHUONG TRINH SAU
Bail: a) 2sin?x+5cosx+1=0 e) 5c0s2x +22sinx—-17=0

b) 3—4cos® x = 2sin® X +sinx f c0S2X —3COs X = 4cos? X
2
¢) 2cos* x+3sin’x—2=0
- , g) 5Stanx—2cotx—3=0
d) 4sin®x—-12cos“x—7=0

Bai 2: a) sinx++/3cosx =1 d) JJ3cos x —sinx = 4sinx.cosx
b) \/3c0s3x —sin3x =2 e) cos?x—sinSx=J§(c055x—sin7x)

c) sin3x —+/3c0s3x = 2sinx
Bai3:  g) 6sin? x + 7/3sin2x —8cos?x =6
b) 2cos®x + 2sin2x —4sin®x =1
c) sinx—4sin®x+cosx=0
Bai4: a) cos2x—cosx—3sinx—2=0 e) 2sin®2x+sin6x = 2cos” x
b) cos2x+3cosX+2=sinx f) 2sin® X+ cos2x +cosx =0

C) sin2x+2c0s2x=1+sinx—4cosx ) (sinx —cosx +1)(2sin x —cosx) =sin 2x
d) 2sin2x —cos2x =7sinX+2cosx —4

CHUYEN PE 2: TO HQP — XAC SUAT — NHI THU'C NIU TON
A. KIEN THUC CAN NHO
I. QUI TAC PEM .

1. Quy tic cgng: Gia st cdng viéc co thé tién hanh theo mot trong hai phuong 4n A va B.

Phuong an A c6 thé thuc hién béi n cach; phuong an B c6 thé thyc hién boi m cach. Khi do,
cdng viéc duoc thuc hién theo n + m cach.

2. Quy tic nhan: Gia sir cdng viéc bao gom hai cong doan A va B. Cong doan A c6 thé thuc
hién bdi n cach; cong doan B ¢ thé thuc hién bai m cach. Khi do, cong viéc dugc thuc hign

b&i n.m céch.
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3. Giai thira
0!'=1;n!=1.2.3...n
Tinh chat:  nl=n(n-1)!
1. HOAN VI — CHINH HOP — TO HOP
1. Hoén vi:

a. Dinh nghia: Cho tap A c6 n phan tir. Mdi su sap xép cua n phan tir d6 theo mot thir ty
dinh trude 12 mot phép hoan vi cac phan ti caa tap A.

b. Binh ly: S6 phép hoan vi cua tap hop ¢ n phan tir, ki hiéu Pn 1a: Pn=n!=1.2.3...n

2. Chinh hgp:

a. Pinh nghia: Cho tap hop A c6 n phan tir. Xét sé k e[] ma 1<k <n. Khi lay ra k phan tir
trong s6 n phan tir roi dem sap xép k phan tir 46 theo mot thir tu dinh trude, ta duoc mot phép
chinh hop chap k cua n phan tir.

b. DBinh 1y: S6 phép chinh hop chap k ciia n phan tir, ki hisu A 1a:

n!

(n—k)!

Ay =n.(n-1)...(n—k+1)

3. Té hop:
a. Pinh nghia: Cho tap hop A ¢ n phan trva sé ke[l ma 1<k <n. Mot tap hop con cua
A c6 k phan tir duoc goi 1a mot to hop chap k cua n phan ti.

b. Dinh 1y: S6 t6 hop chap k caa n phan ta, ki higu C* la:

ck__nt n(n-1)...(n—k+1)
" KI(n—K)! k!
c. Hai tinh chat co ban ciia té hop:
Cho a,kell™:
Ck=Cr* (0<k<n)
Ck, =Ck+C (1<k<n)

I11. KHAI TRIEN NHI THUC NEWTON

(a+b)" =) Cla"b“=Cla"+Cia" b +...+Cka" b  +...+ Cb"
k=0

Nhgn xét:
— Trong khai trién nhi thirc Newton ¢6 n + 1 s6 hang.
— Trong mot s6 hang thi tong sé mii ciia a va b bang n.

— Céc hé s caa khai triéu nhi thirc cach déu sb hang dau va cudi thi bang nhau.
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— S6 hang tong quét thir k + 1 ki hiéu T,,, =Cra"*b*.
— CI+C;+CZ2+...+C) =2"

~ C-Cl4+C2-Cit..t(-1)Cl +...4(-1)"Cr =0
Cha y:

n
— (a+b)" =) Cfa""b" Ia khaitrién theo s6 mii cua a giam dan.
k=0

~ (a+b)' = Zn:Cr‘fa”b”’k la khai trién theo s6 mil cia a tang dan.
k=0
IV.XAC SUAT
1. Khai ni¢m:
Khéng gian mau Q 14 tap hop tat ca két qua co thé xay ra caa mot phép thir.
Bién cb A Ia tap hop con cia Q
Hai bién c¢b xung khac néu giao cua ching la tap rong

Hai bién c6 1a doc 1ap néu su xay ra bién cd ndy khdng anh hudng dén su xay ra bién cé kia.
Xac suat cua biénco Ala P(A)=——=

Trong d6 n(A) 14 s6 phan tir ciia A, n(Q) 1a s6 phan tir cia Q.
2. Tinh chat
0<P(A)<1
P(ANB)=P(A)P(B) néu 2 bién c6 A, B doc lap nhau.
B. PHAN BAI TAP
1. Tric nghiém
Dang 1: Bai to4n vé quy tic dém
Phwong phdp gidi: Can phan bigt cong viéc phdi lam dwoc tién hanh theo phwong dn A
hodgc B d@é chen quy tic cgng, hodc bao gom cong doan A va B dé chon quy tic nhan.
Cau 1: Ban X vao siéu thi dé mua mot 4o so mi, theo ¢& 40 hoic 41. C& 40 c6 3 mau khac

nhau, c& 41 ¢6 4 mau khac nhau. Hoi X ¢ bao nhiéu cach chon?
A 4 B.3 C.7 D. 12

Cau 2: Cho tap A={0;1;2;3;4}. C6 bao nhiéu s6 chdn ma mi s6 gom ba chit s6 khac nhau

chon trong s c&c phan tir cua A?
A. 30 B. 18 C.12 D. 60
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Cau 3: Turtap A={12;3;4;5} hoico thé lap duoc bao nhiéu s6 c6 7 chir sb sao cho chit s6 1
xuat hién 3 Ian, con cac chit s khac xuét hién mot 1an?
A. 840 B. 800 C. 1000 D. 860
Phwong phap gidi:
e Sir dung phép xép dat ciia n phan ti c6 thir tw: Pn =n! =1.2.3...n
Thuec hign quy tdc cong hodgc quy tiéc nhan
Cau 1: Ban X moi hai ban nam va ba ban nit dy tiéc sinh nhat. Ban dinh xép nam, nit ngoi

riéng trén cac chiéc ghé, xép theo mot hang dai. Hoi X c6 bao nhiéu cach xép dat?

A. 120 B. 24 C.6 D. 60
Cau 2: Sap xép 5 ngudi vao mot biang ghé ¢6 5 chd. Hoi co bao nhiéu cach.
A. 120 B. 24 C.6 D. 60

Dang 3: Thuc hién phép chinh hep
Phwong phap giai: Phép xép dit cd thir tw ciia k phan tir trong n phan tir:
n!
(n—k)!

Cau 1: Trong mat phing cho 7 diém A, B, C, D, E, M, N khac nhau. C6 bao nhiéu vecto ndi

A =n(n-1)...(n—k+1)=

hai diém trong cac diém d6?
A. 120 B. 24 C.42 D. 60
Cau 2: Turtap A={0;1;2;3;4;5} co thé lap duoc bao nhiéu s6 c6 4 chir sé khac nhau?
A. 120 B. 24 C.6 D. 300
Cau 3: Mot ngay hoc 3 mdn trong s6 7 mén hoc. Hoi ¢ bao nhiéu cach xép thoi khoa biéu
trong mot ngay.
A. 120 B. 210 C.6 D. 60
Dang 4: Thuc hién phép té hop
Phwong phap giai: Phép xép dit khong cé thir tw ciia k phan tir chon trong n phan tir:

ck nt  n(n-1)..(n-k+1)

" k(n—k) k! (0<k<n)

Cau 1: Cho 7 diém phan biét khong ton tai ba diém thang hang. Tur 7 diém trén co thé lap

duoc bao nhiéu tam giac?

A. 12 B. 24 C.35 D. 60
Cau 2: C6 miy cach rat 3 quan bai tir bo bai 52 quan
A. 1200 B. 2460 C. 4960 D. 5670
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Cau 3: C6 may cach phan phdi 15 san phim cho 3 ngudi sao cho nguoi thir nhat ¢ hai san
pham, ngudi thir hai cd 3 san pham, nguoi thir 3 ¢d 10 san pham.

15!

RETETTY C. 670598760 D. 20

A. 9030097

Dang 5: Tim nel* trong phuong trinh chira P, A,C*

Phuwong phap giai: Dung cac cong thac:

P,=n!(n>1); A =n(n-1)..(n-k+1)= (n—i) (1<k<n); Cy iK1 (0<k<n)
Cau 1: Tim ne[]*,né'uccj:zi:,b,;s (1).
h1

A.3 B.4 C. -5 D. 10
Cau2:Timnel”, néuco: 6n-6+C>>C},  (2)

A. 3,45,6,7,8,9,10,11,12 B. 4,5,6,7,8,9

C.1,23,4,5,6 D. 10
Dang 6: Tim phdn ti# dic biét trong khai trién cia (a + b)".(Tim sé hang chiza x* trong

khai trién)

Phwong phdp gidi: Sir dung cong thitc khai trién cia nhj thiec Newton:

(a+b)" =) Cla""b* =Cla" +Cla"'n+CZa"?b? +...+Cka"*b* +...+ C'b" (khai trién theo
k=0

lity thira Ciia a tiang, b giam)

(Chay: (a+b)" =) Cla*b*™ khali trién theo lity thira ciia a giém ddn, b ting dan)

k=0
Céch 2: sir dung sé hang téng quat thiz k + 1 trong khai trién nhj thizc Newton
Cau 1: Tim sb hang chua x* trong khai trién (11+x)" .
A. CJ11°x° B. CJ11°x° C. CJ11°x° D. CJ11°%°
3
Jx

A. C311° B. C/2°(-3)" C.0 D. 2108

10
Céau 2: Trong khai trién (23/_— j , (x>0), hdy tim sé hang khdng chua x.

Cau 3: Tim hé s6 cua x® trong khai trién [1+ X2 (1—x)]6.

A. 200 B. 300 C. 238 D. 234
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Cau 4: Cho khai trién: (1+2x)" =a, +a,x+a,x* +..4+2,x™, 6 cAc hé 56 ay,,,8,,.., 8-
Tim hé sb 16n nhat
A. 15360 B. 15600 C. 120980 D. dép an khac
Dang 7: Tim tong c6 chira C
Phwong phdp giai: Tir @é bai, ta lién két véi mét nh; thize khai trién va cho x gia tri thich hop,
tir d6 suy ra két qud.
Cau 1: Tinhtdng: S, =C°+Cl+C2+..4C; S, =Cl—Cl+C? —...+(-1) Ck +...+(-1)"C!
A. S =2".5,=0 B.S=08,=2" C.S=2"5,=2" D.déap4nkhéc
Cau 2: Tinh tong: S, =C), +C2 +Cy +..+C2; S, =C} +C3 +..+CI*
A. S, =21 5, =221 B.S,=0,S,=2""
C.S,=2"""'8,=0 D.S,=0;S,=0
Cau 3: Tinhtong: T =C? —2C; +2°C2 —2°C +...+(-2)"C]
A1 B. -1 C. (-1’ D. dap 4n khac
Dang 8: Tinh xac suit
Phuwong phdp giai:
Buréc 1: md ta khong gian mdu va tinh n(w)

Buérc 2: dgt tén bién cé A va tinh n(A).

Buoc 3: tinh P(A)= n(A)

n(w)

Il.  BAITAP TONG HQP
Cau 1: Tur thanh phd A dén thanh phé B ¢6 3 con duong, tir thanh phd B dén thanh phé C co
2 con duong, tir thanh phd C dén thanh phd D ¢6 2 con dudng, tir thanh phd A dén C c6 4 con
duong. Khong co con duong nao ndi tryc tiép thanh phd B véi D hoic ndi A dén D. S6
duong di khac nhau tir thanh phd A dén D la

A. 32 B. 20 C. 36 D. 48
Cau 2: S cac sd tu nhién nhé hon 200000, chia hét cho 3, ¢6 thé dugc viét bai cac chit s6 0,
1,2la

A. N =162 B.N =144 C.N =216 D. N =243
Cau 3: Tircacchirs6 0, 1, 2, 3, 4, 5, 6 ¢6 thé lap duoc s6 cac s gom 3 chir s6 la
A. N =250 B. N =268 C.N=294 D. N =300
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Cau 4: Tircac chirs6 0, 1, 2, 3, 4, 5, 6 ¢6 thé lap dugc sé cac s6 gom 5 chir s6 doi mot khéc
nhau va chia hét cho 2 1a

A. N =1080 B. N =1260 C.N=1120 D. N =1320
Cau 5: Tircac chirs6 0, 1, 2, 3, 4, 5, 6 ¢6 thé lap duoc s6 cac s6 gom 6 chir sb doi mot khac
nhau va chia hét cho 5 la

A. 1320 B. 1440 C. 1280 D. 2560
Cau 6: C6 20 doi bong da tham gia tranh ctip vo dich ngoai hang Anh. Ctr 2 doi phai dau véi
nhau 2 tran géom mot tran luot di va mot tran lwot vé. Sau mdi vong thi mdi doi da da thém
mot tran. S6 tran va sé vong lan luot 1a

A. 380 va 19 B. 380 va 38 C.190va 19 D. 190 va 38
Cau 7: Sb palindrom la s ma néu ta viét cac chir sé theo thir tu nguoc lai thi gié tri caa nd
khong thay doi. Vi dy: 12521 1a mot sb panlindrom. C6 bao nhiéu sé palindrom gom 5 chit
s6?

A. N =1800 B. N =2400 C. N =900 D. N =1200
Cau 8: Mot bé hoa gdbm ¢6 5 bdng hdng tring, 6 bong hdng d6 va 7 bong hong vang. Hoi o

may cach chon lay 3 béng hoa gém du ba mau?

A.N=120 B. N =240 C.N =320 D.N=210

Cau 9: Trcac chir s6 1, 2, 3, 4, 5 ¢6 thé lap duoc sb céc sb ¢ 3 chir sb d6i mot khac nhau 1a
A.N =60 B.N =30 C.N=125 D.N=25

Cau 10: Turcac chirs6 0, 1, 2, 3, 4, 5, 6 ¢ thé lap duoc sb cac sb chin c6 3 chit s6 la
A.N=144 B. N =105 C.N =248 D. N =168

Cau 11: Turcac chirs6 0, 1, 2, 3, 4, 5, 6 ¢6 thé lap duoc sb cac sb o hai chir sé ma ca hai chi

sd déu chan la

A.N=20 B.N=12 C.N=16 D.N=25
Cau 12: S céc s6 co 3 chit sb doi mot khac nhau chia hét cho ca2vas la
A.N=72 B.N =236 C.N=81 D.N=90

Cau 13: Mot nguoi ¢6 7 cai 4o trong d6 ¢o 3 4o trang va 5 céi ca vat trong d6 co 2 ca vat mau
vang. Sb cach chon mot 40 va mot ca vat sao cho da chon 4o trang thi khéng chon ca vat mau
vang la

A.N=35 B.N=18 C.N=29 D.N=31
Cau 14: Cho tap hop A = {1, 2, 3, 4, 5}. C6 bao nhiéu cap sap thir tu (x, y) biét x va y déu
thuoc A.

A.N=15 B.N=20 C.N=25 D.N=10
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Cau 15: Cho tap hop A = {1, 2, 3, 4, 5}. C6 bao nhiéu cap sip tha tu (X, y) thoa mén x va y
thuoc A sao cho x +y =6.

A.N=5 B.N=6 C.N=7 D.N=8
Cau 16: Sb cac s ¢o 2 chir sé ma chir s6 ding trudc lon hon chir s6 dung sau la

A.N =50 B.N=30 C.N=65 D.N=45
Cau 17: Tu 6 chirsb 1, 2, 3, 4, 5, 6 ¢4 thé lap duoc s6 cac sd 1é gom 2 chir s6 1a

A.N=15 B.N=18 C.N=36 D.N=30
Cau 18: Tu 6 chir s6 1, 2, 3, 4, 5, 6 c0 thé lap duoc sé cac s6 gom 3 chir s6 doi mot khac
nhau khong chia hét cho 5 la

A. N =108 B.N=121 C.N =100 D.N =120
Cau 19: Tu 6 chir 6 1, 2, 3, 4, 5, 6 ¢6 thé lap duoc s cac s6 ¢b 3 chir s6 ma tong cac chir s6
bang sb chan la

A. N =108 B.N =50 C.N =100 D.N =128
Cau 20: Tu 6 chirsé 1, 2, 3, 4, 5, 6 ¢d thé lap duoc sé cac sb ¢6 2 chir sb khac nhau va chia
hét cho 9 la

A.N=6 B.N=12 C.N=8 D.N=4
Cau 21: T 0, 1, 2, 3, 4, 5 ¢d thé lap duoc sb cac sb c6 3 chir s6 d6i mot khac nhau va khdng
chia hét cho 5 la

A.N =64 B.N=30 C.N=48 D.N =120
Cau 22: T 0, 1, 2, 3, 4, 5 cd thé 1ap duoc sb céc sb chin ¢ 3 chir sb d6i mot khac nhau va
nho hon 300 la

A.N =40 B.N=20 C.N=24 D.N =36
Cau 23: T cac chir s6 1, 2, 3, 4, 5, 6 ¢0 thé lap duoc sb cac sb6 ¢ 3 chir s6 doi mot khac
nhau I6n hon 300 va nho hon 500 la

A.N=32 B.N=40 C.N=26 D.N=44
CAu 24: Sb céach sap xép 4 vién bi d6 co6 danh dau khac nhau va 4 vién bi den c6 danh dau

khac nhau xép thanh mot ddy sao cho cac mau xen ké nhau 1a

A. N =1152 B. N =1440 C.N=1280 D. N =1960
X=(x-1)!
Cau 26: Giai phuong trinh # 1 X=1lvx=5
(x+1)! 6
A. Xx=1vx=4 B. x=2vx=5 C. x=2vx=3 D.

5(n+1)! n(n—-1)!

r)(n-a)al 12(n-3)n-ayai|<° *

Cau 27: Sb céc s6 tu nhién n thoa man ! > {(
n_
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A. 2 B.3 C. 4 D.5
Cau 28: Goi X la tap hop céc s6 tu nhién gom 5 chir s6 d6i mot khac nhau 1ap tir cac chit s6
1,2, 3, 4, 5. S6 phan tir ciia X bat dau bang chir s6 5 la

A.N=12 B.N=24 C.N =48 D.N=20
Cau 29: Goi X la tap hop céc s6 tu nhién gom 5 chir s6 doi mot khac nhau lap tir cac chir s6
1,2, 3, 4, 5. S6 phan tir cia X khdng bat dau bang chir s 1 la

A.N =45 B.N=90 C.N=60 D.N =96
Cau 30: Goi X la tap hop céc so ty nhién gdm 5 chir s6 d6i mot khac nhau 1ap tir céc chir s6 1, 2,
3, 4, 5. Sb phan tir ciia X khdng bat dau bang 345 1a

A.N=120 B.N =116 C.N=112 D.N=118
Cau 31: Goi X la tap hop céc s6 ty nhién co 4 chit s6 d6i mot khac nhau 1ap tir céc chir s6 1,
2, 3, 4. Tim tong tét ca cac sb cua X.

A. 99990 B. 88880 C. 33330 D. 66660
Cau 32: Trén mot ké séch c6 5 quyén sach Toan, 4 quyén sach Li, 3 quyén sach Vin. Cac
quyén sach déu khac nhau. Hoi c6 bao nhiéu cach sap xép cac quyén sach trén theo tung
moén?

A. 103680 B. 831600 C. 3326400 D. 1663200
Cau 33: Turcac chir s6 0, 1, 2, 3, 4, 5 cd thé lap duoc sé cac s6 gom 8 chir s6, trong d6 chit
s6 1 c6 mat 3 1an, mdi chir sb khac c6 mat dang mot lan 1a

A. 5880 B. 3210 C. 1080 D. 4320
Cau 34: S céc sb ty nhién co 3 chir s6 khac 0 va doi mot khac nhau, ddng thoi tong cua 3
chir s6 bang 9 la

A.N=12 B.N=24 C.N=18 D.N=20
Cau 35: Tur cac chir 6 1, 2, 3, 4, 5, 6 thiét 1ap tat ca cac sb co 6 chir sé khac nhau. Trong cac
s6 da thiét lap duoc, s cac sé ma hai chir s6 1 va 6 khong dung canh nhau 1a

A. N =320 B. N =360 C.N =420 D. N =480
Cau 36: Sip xép 7 ngudi vao mot diy ghé 7 chd ngdi. S6 cach sap xép chd ngdi sao cho 4
ngudi xac dinh caa nhom ngdi ké nhau 1a

A. N =576 B. N =480 C.N =360 D.N=180
Cau 37: Sip xép 7 ngudi vao mot day ghé 7 chd ngdi. S6 cach sip xép chd ngdi sao cho ¢ 2
ngudi xac dinh caa nhém khéng ngdi ké nhau la

A. N =1246 B. N = 3600 C.N =1860 D. N =3200
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Cau 38: Sip xép 6 nam va 4 nir vao mot day ghé 10 chd ngdi. S cach sip xép dé nhém nam
ngdi ké nhau va nhém nir ngdi ké nhau 1a

A. 34560 B. 36540 C. 65430 D. 54360
Cau 39: Sap xép 6 nam va 4 nir vao mot dy ghé 10 chd ngoi. S6 cach sap xép dé chi co ni
ngdi ké nhau la

A. 192600 B. 129600 C. 120960 D. 160920
Cau 40: C6 3 vién bi den khac nhau, 4 vién bi do khac nhau, 5 vién bi vang khac nhau. Sé
cach sap xép cé4c vién bi trén thanh mot day sao cho cac vién bi cling mau ¢ canh nhau 1a

A. 106830 B. 34560 C. 43560 D. 103680
Cau 41: Tu 5 chirs6 1, 2, 3 ¢6 thé lap duoc sé cac s6 gom 7 chir so, trong d6 chir s6 1 c6 mat

3 1an, chir s6 2 c6 mit dung 2 1an, chir s6 3 ¢6 mat 2 lan 1a

A.N =120 B.N =210 C.N=320 D. N =203
Cau 42: S cac s6 gom 9 chir sd, trong d6 co 5 chir s6 1 duoc xép ké nhau va 4 chit s6 con lai
gom2,3,4,5 la

A.N=120 B.N =210 C.N =180 D.N =810

Cau 43: Tim s6 tu nhién n théa A’ =20n
A.n=5 B.n=6 C.n=10 D.n=12
Cau 44: Tim s6 ty nhién nthoa A® +5A2 =2(n+15)
A.n=2 B.n=4 C.n=3 D.n=5
Cau 45: Tim s6 tu nhién n thoa A2 —3A2 =42
A.n=10 B.n=8 C.n=6 D.n=16
Cau 46: Tim s6 nguyén duong n sao cho 2P, +6A% —P A’ =12
A.n=2vn=3 B.n=3vn=4 C.n=4vn=5 D.n=2vn=4

A 143

Cau 47: Sb cAc gia tri nguyén duong ciia n thoa man <0 la:

2 4R
A. 36 B. 35 C.33 D. 30
Cau 48: S cac sb ty nhién gdm 5 chir s6 sao cho hai chir s6 ké nhau phai khac nhau la
A. 59049 B. 27126 C. 39366 D. 34020
Cau 49: Tir cac chir s6 0, 1, 2, 3, 4, 5, 6 ¢6 thé lap sé cac sb gom 5 chir s6 doi mot khac nhau
va phai c6 mat chix s6 5 la
A. 1260 B. 1360 C. 1460 D. 1560

Cau 50: S cac s6 ty nhién co 4 chir s6 sao cho chit s6 dau va chix sé cudi gibng nhau 1a
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A. N =560 B. N =540 C. N =960 D. N =900
Cau 51: Sb céc s tu nhién cd 4 chi sé sao cho chit sé dau va chit s6 cudi khac nhau 1a

A. N =1800 B. N =6300 C. N =5400 D. N =8100
Cau 52: S6 cac sb tu nhién ¢ 4 chir s6 sao cho hai chir s6 dau giéng nhau va hai chir s6 cudi
gidng nhau 1a

A.N =100 B.N =120 C.N=90 D.N =135

Cau 53: Mot bién sé xe gom 2 chir cai dimg truéc va 4 chir sé ding sau. Cac chir cai dugc
lay tir 26 chir cai A, B, C, ..., Z. Céc chir s6 duoc lay tir 10 chir s6 0, 1, 2, ..., 9. Sb bién s xe
trong d6 c6 hai chir cai gidng nhau va 4 s6 doi mot khac nhau va c6 it nhat 2 s6 khac 0 1a

A. 127600 B. 130078 C. 172600 D. 110036
Cau 54: Mot ngudi mudn xép dit 6 pho twong tir 8 pho tuong vao mot day 6 chd trong trén
mot ké trang tri. S6 cach xép dat 1a

A. 20160 B. 21600 C. 26010 D. 26100
Cau 55: Cho tap hop X = {0, 1, 2, 3, 4, 5, 6, 7}. CO thé lap duoc s6 céac sb tu nhién gom 5
chir s6 khac nhau d6i mot lay tir X néu mot trong ba chir s6 dau tién 1a chir s6 1 1a

A. N =3000 B. N =2280 C. N=2160 D. N =2620
Cau 56: Tu 5chirs6 0, 1, 3, 6, 9 ¢6 thé lap duoc sb cac sb ¢b 4 chir sb doi mot khac nhau va

chia hét cho 3 1a

A.N=12 B.N=16 C.N=18 D.N=20
Cau 57: Sb céc sb co 6 chit sb doi mot khac nhau sao cho c6 mat sé6 0 vasd 1 1a
A. 32500 B. 42000 C. 36000 D. 48200

Cau58: Tr8chirsb 0, 1, 2, 3, 4, 5, 6, 7 co thé lap duoc sb cac sb gdm 6 chir sé doi mot khac
nhau trong d6 c6 mit chit s6 4 1a

A. 13250 B. 14400 C. 13320 D. 31240
Cau 59: Tinh tong cua tat ca cac sb tu nhién gdm 4 chir s6 khac nhau d6i mot duoc tao thanh
tir 6 chir s 1, 3, 4, 5, 8, 9.

A. 1999800 B. 1999000 C. 1899900 D. 1899900
Cau 60: Tinh tong cua tat ca cac sb tu nhién gébm 4 chit s6 khac nhau duoc tao thanh tir 5 chi
$60,1,2 3,4

A. 299800 B. 259980 C. 299580 D. 289900
Cau 61: Sb cac s 1é c6 6 chix s6 d6i mot khac nhau nhé hon 600000 1a
A. 30240 B. 33690 C. 36960 D. 39660
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Cau 62: Két qua rit gon biéu thac A=C}! +2(é—f12+....+k c(:i”k_l +...#N
A n(n2+1) B. n(n+1) C. n(n3+2)
Cau 63: Giai phuong trinh CLZ_C%X = Ciex
A x=1 B. x=2 C. x=3
Cau 64: Giai phuong trinh C)'? =C2*1°
A. X=8vXx=06 B. x=10vx=8 C. x=8vx=14
Cau 65: Tim s6 tu nhién x théa A2, +C}? =101
A. x=10 B. x=12 C. x=6
Cau 67: Tim s6 tu nhién x théa CS7° =5A3
A. Xx=8vx=16 B. x=9vx=17 C. x=17

A £ ALk . 5 X
Cau 68: S6 nghiém cuia bat phuong trinh C*, -C? | < n A la:

A. 4 B.5 C.6
Cau 69: Giai phuong trinh C)/7 +2C} , =7(x-1)

A. x=5 B. x=4 C. x=3
Cau 70: Giai phuong trinh A’ = 336C)%

A x=7 B. x=8 C. x=9

Cau 71: Sb gia tri nguyén duong cua nthoa 4C*, —4C%, <5A? , la:

A.0 B.6 C.7
Cau 72: S6 gia tri nguyén duong cua x thoa 2C2, +3A? <30 la:

x+1

A.0 B.2 C.1
5CY, =6C)"

x+1

C’,=3C"

X+1

Cau 73: Gial h¢ phuong trinh {

A (xy)=(9:4) B. (x;y)=(9;5) C. (xy)=(85)

5AY +5C) =90

Cau 74: Giai h¢ phuong trinh
5AY +2C) =80

A. (xy)=(5:4) B. (x;y)=(6;3) C. (xy)=(62)

n

C n-1

n

. X=6vx=14

. V0 sb

10

>
I

. VO sb

- (xy)=(83)

- (xy)=(52)
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Cau 75: Tim s6 tu nhién k sao cho CJ, C&™,C52 lap thanh mot cap sb cong.

A. k=3vk=9 B. k=4vk=8 C. k=3vk=8 D. k=4vk=9
Cau 76: Cho 20 ciu hoi, trong d6 c6 8 cau ly thuyét va 12 bai tap. Ngudi ta ciu tao thanh cac
dé thi sao cho trong mdi dé thi phai gdm 5 cau hoi, trong d6 nhat thiét phai cd it nhat 2 cau ly
thuyét va 2 bai tap. Hoi cd thé tao ra bao nhiéu dé thi?

A. 8965 B. 8569 C. 9856 D. 9658
Cau 77: Mét 16p hoc ¢6 40 hoc sinh, trong d6 gdbm 25 nam va 15 nit. Giéo vién cha nhiém
muébn chon mot ban can su 16p gom 4 em. Tinh s cach chon, néu trong 4 nguoi cd it nhat
mot em nam.

A. 90025 B. 32500 C. 31500 D. 92500
Cau 78: Cho 5 diém phan biét va khong c6 3 diém nao thang hang. Sé doan thang va s tam
gi4c tao thanh tir 5 diém d6 1an luot 13

A.20va 10 B.10va 10 C.10va20 D. 20 va 20
Cau 79: Mot tli chtra 6 vién bi trang va 5 vién bi xanh. LAy ra 4 vién bi tir tdi, c6 bao nhiéu
cach lay duoc 4 vién bi ciing mau?

A. 10 B. 15 C. 20 D. 25
Cau 80: Tur 20 ngudi, chon ra mot doan dai biéu gdm 1 truéng doan, 1 phé doan, 1 thu ky va
3 1y vién. S céach chon la

A. 4615200 B. 4561200 C. 4651200 D. 4156200
Cau 81: Tur 5 bdng hdng vang, 3 bong hong tring va 4 bong hong do, cac bong hoa xem nhu
d61 mot khac nhau, chon ra mot bé hoa gom 7 bdng, sé céch chon bo hoa trong d6 c6 it nhat 3
bdng héng vang va it nhat 3 bong hong do la

A.N=112 B. N =150 C.N=120 D.N =115
Cau82: Te8s60,1,2 3,4,5,6, 7 co thé lap dugc sé cac sé gom 10 chir s6, trong d6 chir s6
6 c6 mat ding 3 1an, chir s6 khac c6 mat ding mot lan la

A. 544320 B. 534420 C. 445320 D. 234540
Cau 83: Turcac chirs6 0, 1, 2, 3, 4, 5, 6, 7 ¢6 thé lap duogc sb cac sb ¢o 5 chir sb doi mot khac
nhau sao cho c6 diing 3 chir s6 chin va 2 chir 6 1¢ 1a

A. N =3600 B. N = 2488 C. N =2520 D. N =2448
Cau 84: C6 bao nhiéu sb ty nhién gom 6 chir s6 d6i mot khac nhau, trong d6 ¢6 mat chix s6 0
nhung khong ¢é chir s 1?

A. 33600 B. 36300 C. 33060 D. 36030
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Cau 85: Sb cac sb tu nhién gom 7 chir b, biét chir sé 2 c6 mat dang 2 14n, chix s6 3 ¢6 mit
dung 3 1an va cac chir s6 con lai c6 mat khong qua mot lan la

A. 11360 B. 11640 C. 11340 D. 11520
Cau 86: Tir mot tap thé géom 6 nam va 8 nir trong d6 c6 An va Binh, ngudi ta mudn chon mot
t6 cong tac gom cé 6 nguoi. Tim s6 cach chon néu trong té c6 mot to truong, 5 t6 vién hon
nita An va Binh khong dong thoi c6 mat trong to.

A. 2974 B. 15048 C. 14320 D. 9744
Cau 87: Trong nhdm 16 hoc sinh ¢6 3 hoc sinh gioi, 5 kha, 8 trung binh. Sé céch chia thanh
hai t6, mdi té 8 hoc sinh sao cho mi té déu cd hoc sinh gioi va it nhat 2 hoc sinh kha 1a

A. 2560 B. 3210 C. 3780 D. 4420
Cau 88: Trong mat phang cho n dudng thang cit nhau ting doi mot, nhung khéng ¢ 3
duong thang nao dong quy. S giao diém la
n(n-1 n(n+1 n(n+2 n(n+
O
Cau 89: Cho 10 diém phan biét trong d6 khong c6 3 diém nao thang hang. S6 duong thang di

A.

qua 2 trong 10 diém trén 1a

A.N =45 B.N=90 C.N=80 D.N=72
Cau 90: Cho da giac 16i c6 n canh, n>4 . Tim n sao cho da giac c6 s6 duong chéo bang sé
canh.

An=7 B.n=6 C.n=5 D.n=8

Cau 91: Cho mot da giac 16i c6 15 canh. Sb tam giac ¢6 3 dinh triing véi 3 dinh cua da giac

la

A. N =455 B.N =235 C.N =525 D. N =425
Cau 92: Tim sb giao diém tdi da ciia 10 duwong tron phan biét.

A.N =45 B.N =90 C.N =180 D.N=135

Cau 93: Cho hai duong thang song song d, A. Trén d lay 17 diém phan biét, trén A 1ay 20
diém phan biét. Tinh s tam giac co cac dinh 1a 3 diém trong s6 37 diém da cho.

A. 5950 B. 9550 C. 9050 D. 5590
Cau 94: Trong mit phang cho da gidc déu (H) ¢ 20 canh. Trong sé cac tam giac c6 ba dinh
duoc lay tir cac dinh cua (H) ¢6 bao nhiéu tam giac khdng c¢é canh nao 1a canh cua (H)?

A. N =320 B. N =480 C. N =640 D. N =800

Cau 95: C6 20 diém trong mat phing trong d6 ¢6 5 diém thang hang, sé con lai khong c6 3 diém

nao thang hang. Tir cac diém dé v& duoc bao nhiéu dudng thiang va bao nhiéu tam giac?
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A. 181 va 1130 B. 192 va 1130 C. 181 va 1320 D. 192 va 1320

15
Cau 96: Tim s hang khong chira x trong khai trién cia A= (x—ij

X4
A. 1820 B. —-1820 C. 3640 D. —3640

12
Cau 97: Tim sb hang khéng chira x trong khai trién cia B = (xz —gj
X

A. 126720 B. -126720 C. 7920 D. —7920
Cau 98: Tim hé sb cua x“y® trong khai trién cua P = (2x+3y)’

A. 11520 B. 12510 C. 15120 D. 12150
Cau 99: Khai trien va rdt gon da thic P(x)=(1+x)+(1+ x)2+(1+ x)3+...+(1+ x)12 S8
dugc da thic P(x)=a, +ax+a,x* +..a,x*. He sb a, Ia:

A. a, =256 B. a, =286 C. a,=320 D. a, =132
Céau 100: Cho da thiac P(x)=(1+x)+2(1+ x)2 +3(1+ x)3 +...+20(1+ x)20
=a, +aX+a,x’ +a,x° +...+a,x* . Xac dinh h¢ s6 a.

A. 3254 B. 3549 C. 4179 D. 4569
Cau 101: Trong khai trién P(x)=(3-2x)*, héy tinh tong cac h¢ s cua da thac P(x).

A. 3* B. 2% C. -1 D.1

Cau 102: Trong khai trién cua nhj thic (a2 +b3)15, tim cé&c sb6 hang chtra a, b v&i s6 mil

gidng nhau.
A. 5005a°h° B. 1010a°b® C. 5005a**p" D. 1010a°b®
, , 1 X 1 , \
Cau 103: Tim s6 hang tha 4 trong khai trién (—2—?] theo thir ty s6 ma tang dan cua
X
bién.

S

16
Cau 104: Tim sb hang doc lap véi x trong khai trién (3/;+1)
X

A. 1820 B. 1280 C. 2180 D. 2810
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13
Cau 105: S s6 hang chtra x v6i s6 mil ty nhién trong khai trién (x+iJ la:

Yx
A. 2 B.3 C.5 D.4
Cau 106: Biét tong cac hé s6 cua khai trién (3— xz)n bang 1024. Hé sé cua sb hang chira x12
trong khai trién do 1a
A. -17010 B. 17010 C. 153090 D. 153090
Cau 107: Tinhtong S =CCS, +C.C}, + CAC, +...+ CECY
A. 74236 B. 74362 C. 74613 D. 24671

Cau 108: Tinhtong S =(C¢) +(CL) +(C2) +....+(C?)

A. 39432 B. 43758 C. 36730 D. 48620
Cau 109: Gieo mot con slc sic can dbi ddng chat hai 1an. Tinh xéc suat tich sé cham hai lan
la sé le.
A p-1 B.p=1 cp-1 p.p-1
3 2 4 5

Cau 110: Mét tdi chira 6 vién bi trang va 5 vién bi xanh. LAy ra 4 vién bi tir tdi, xac suat lay
duoc 4 vién bi cung mau la

A P=— B.P=2 c.p=L D.P=2
33 33 11 11

Cau 111: Sap xép ngau nhién 5 ban hoc sinh A, B, C, D, E ngdi vao mot chiéc ghé dai c6 5

chd ngdi. Xac suét dé hai ban A va E ngdi canh nhau la

A.P:1 B.P:l C.P:E D.p:i
5 4 5 10

Cau 112: Gieo hai con slc sic can dbi ddng chat. Tinh xéac suat tong hai mat xuét hién bang 7.
A-P=1 B.P:1 C,P:i D.pzl
3 6 12 4

Cau 113: Mot binh dung 5 vién bi xanh va 3 vién bi do. LAy ngau nhién 4 vién bi. Tinh xéac
suat dé duoc it nhat 3 vién bi xanh.

AP=1 B.pP=1 c.p-1
2 3 4

Cau 114: Gieo ngau nhién mét con suc sic can doi dong chat hai lan. Tinh xac suét it nhat

D.P=1
S)

mot 1an xuat hién mat 6 cham.

Ap- B. P p-1 P
36 3 6 18
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Cau 115: Gieo ddng thoi bdn ddng xu can dbi dong chat. Tinh xac suat c6 dung 3 ddng xu
ngua.

Ap-L B.p-1 c.p-t D.P=1
16 4 16 6

Cau 116: Mot hop bong dén c6 12 bong, trong dé co 7 bong tot. Lay ngiu nhién 3 bong.
Tinh x4c suat dé lay duoc it nhat 2 bong tét.

A P=> B.p-2 c.p=-L D.p=2
11 11 11 11

Cau 117: Mot 16p hoc gom 20 hoc sinh trong d6 ¢6 6 hoc sinh gioi Toan, 5 hoc sinh giéi Van
va 4 hoc sinh gioi ca 2 mén Toan va Vian. Chon ra 2 em. Tinh xac suat dé 2 em d6 1a hoc sinh
gioi it nhat mét mén Toan hozc Van.

A.P=% B.P=% C.P=% D.P=129—]6
Cau 118: Mot hop c6 20 qua cau giéng nhau, trong d6 ¢6 12 qua cau trang va 8 qua ciu den.
Lay ngau nhién 3 qua. Tinh xac suat dé trong 3 qua chon ra c6 it nhit mot qua mau den.

A.P=ﬁ B.P=E =E D.P=£
57 19 19 57

Cau 119: Mot t ¢6 6 hoc sinh nam va 4 hoc sinh nir. Gido vién chon ra 2 em di thi vin nghé.

C.P

Tinh xac suat dé 2 hoc sinh dugc chon khéc phéi.

APt B.p=i c.p=2t D.p.3
15 2 15 5

Cau 120: Mot 16p co6 30 hoc sinh, trong d6 c6 8 em gioi, 15 em kha va 7 em trung binh. Chon
ngau nhién 3 em di du dai hoi. Tinh xac suat dé khéng cé hoc sinh trung binh.
__2 B p_18 _3 _ 253
145 29 58 580
Cau 121: Cho 7s6 1, 2, 3,4, 5, 6, 7. Goi X 1a tap hop cac sé gdm hai chit s6 khac nhau lay tur

A P C.P D. P

7 sb trén. LAy ngau nhién mot sb thuoc X. Tinh xac suét sb do 1a sb 1é.

AP=2 B.P=2 c.p=2 p.p-2
14 7 7 14

Cau 122: Cho 7s6 1,2, 3, 4,5, 6, 7. Goi X la tap hop cac s6 gom hai chir sb khac nhau lay tir
7 s6 trén. Lay ngau nhién mot sb thuoc X. Tinh xac suat s6 d6 chia hét cho 5.

ApP=2 B p-1 c.p-t D p-2
5 5 7 7

Cau 123: Mot xa thu A c6 xAc suat ban trang bia muc tiéu 1 0,7. Gia st xa thi ndy bin 3 lan.

Tinh x4c suit dé xa thu A ban tring muc tiéu it nhat mot lan.
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A. P=0,973 B. P=0,997 C. P=0,987 D. P=0,975
Cau 124: Gieo mdt con xic sic can d6i ddng chat hai 1an. Tinh xac suat tong s6 cham cua
hai lan gieo 1a sé lé.

Ap=l B.p=3 c.p-3 D.p=2
2 5 7 9

Cau 125: Gieo mot con x(c sic can doi dong chat hai lan. Tinh xé&c suat c6 it nhat mot lan sé
cham tir 5 tro 1én.

APp=i B.p=3 c.p=2 D.p=>
2 5 7 9

CHUYEN PE 3: DAY SO — CAP SO CONG — CAP SO NHAN
A.LY THUYET CO BAN
I. Phwong phap chiwng minh qui nap
Pé chirng minh ménh dé dung vi moi s tu nhién n > p > 1 bang phuong phap qui

nap, ta tién hanh theo 2 budc
Budc 1. Kiém tra ring ménh dé dang véi n = p.
Budc 2. Gia thiét ménh dé dung véi mot sé tu nhién bat ki n =k > p (goi 1a gia thiét qui nap),
chang minh ring
no cling ding véin=k +1
I1. D3y sb

MJi ham sb u xac dinh trén tap céc s6 nguyén duong N- duoc goi la ddy sé vo han.

Thuong viét dudi dang khai trién: ug, uz, ..., Un, ...

Trong d6 uz 1a s6 hang dau va un la sb hang tong quat.
I11. D&y sé hitu han

MGi ham sb u xac dinh trén tap M = {1, 2, 3, ..., m} v&i m nguyén duong duoc goi la day
sb hitu han.

Dang khai trién: uz, Uz, Us,...,um. Trong d6 u1 la s6 hang dau, um s6 hang cudi.
Vidu: -5, -2, 1, 4, 7, 10, 13 1a ddy s6 hitu han
IV. Cach cho mat day sé
1. D&y s cho bang cong thtic s6 hang tong quét
2. D3y s6 cho bang phuong phap mé ta: mé ta cach xac dinh cac s hang lién tiép cua day sé.
3. Day s6 cho bang phuong phap truy hoi

a. Cho sb hang dau hay vai s6 hang dau
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b. Cho hé thirc truy hoi, tac 1a hé thie biéu thi sé hang thir n qua s6 hang hoic vai sé hang
dung trude no.

V. DAy sb ting, diy sé giam va day soé bi chin

1. D&y s6 ting va day sé giam

Day s6 (un) duoc goi la day sb tang néu taco U, >U_ Vv&i moi s nguyén duong n.

n+l

Day s6 (un) duoc goi la diy sb giam néu ta c6 U, <U. véi moi so nguyén duong n.

n+l
Day s6 (un) V6i U, =2n la day s6 tang viu,,, —u, =2(n+1)—2n=2>0 nén u,,, > U,.
2. Dy s6 bi chin
DAy s6 (un) duoc goi la bi chin trén néu ton tai s6 M sao cho: U, <M , véi moi sb
nguyén duong n.
DAy s6 (un) dugc goi la bi chan dudi néu ton tai s6 m sao cho: m<u_, véi moi sd
nguyén duong n.
Day s (un) duoc goi la bi chan néu vira bi chan trén vira bi chin dudi.
VI. Cép sb cong
1. Pinh nghia: Cép s cong 1a mot day sé (hitu han hoac vo han), trong d6 ké tir sb hang thir
2, mdi s6 hang déu bang s6 hang dung ngay trudc nd cong véi sé khong ddi d. S6 d goi la
cong sai caa cap s6 cong.
Cong thirc truy hoi: u_, =u_+d v&i moi s6 nguyén duong n.
Néu d =0 thi cap s6 cong la day s khong doi.
2. S6 hang tong quat: Néu cap sb cong (un) c6 s6 hang dau u; va cong sai d thi sé hang tong
quat un duge xac dinh boi cong thuc: u, =u, +(n-1)d véi n>2.

u, . +u .
% Véi k>2.

3. Tinh chit céc s6 hang cua cap s6 cong: u, =
n(u,+u,) n[2u+(n-1)d]

4. Téng n s hang dau cta cap s6 cong: S, =u, +U, +U, +...+U, = >

VII. Cép s6 nhan

1. Dinh nghia: Cap s nhan 1a mot day sé (hitu han hodc vo han), trong d6 ké tir s6 han thir 2, mbi
s6 han déu la tich cua sd hang ding ngay trudc né véi sb khong doi q. SO q goi la cong boi cua
cap sb nhan.

Néu (un) 12 cp s6 nhan véi cong boi g, ta co U, =U..q, véi moi s6 nguyén duong n.

2. S6 hang tong quat: u_ =u,.q"* véi n>2.
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, 4 ) 4 N 4 4 A 2 r:
3. Tinh chat céc s6 hang caa cap s6 nhan: (u,)” =Uu,, U, Voi kK>2.

4. Téng n sé hang du cua cp sé nhan:

Cho cap s6 nhan (un) v&i cong boi q#1. S, =u, +U, +....

B. BAI TAP
Cau 1: Cho céc dang thtc

a. 1+3+5+...+(2n+1)= n?

b. 1.2+2.3+3.4+...+n(n+1)=n(n +1)(n+2)

n?(n+1)°

4

n(n+1)(2n+1)
6

S6 dang thirc diing voi moi s6 nguyén dwong n 1a

Al B.2 C.3

. B+22+3+....+n=

d 1°+22+3*+4%*+...+n*=

Cau 2: Hay viét 3 sb hang tiép theo hai sb

u=1u,=lu,,=u, +u

n+l n

D.4

hang dau cua day s6 (u,) co

A.2:3:5 B.3:4:7 C.2:5:7 D. 3:5;8

Cau 3: Cho cac day sb (u, ) sau

2
n+1
a. u,=2""-2n b.u,=23"-7. cu :(l—an d. u, =( )

n

A0 B.2 C.3

n

D.4

Cau 4: Cong thuc s6 hang tong quét cua day s6 (u,) ¢o U =Lu,,, =2u +3 la:

A u, =2"-1 B.u =2""-2 C.u,

n+l

=2n+1_3 D. un=2n+1_4

Cau 5: Cong thuc s6 hang tong quat cua day sé (u,) ¢6 u, = %; 2u, +1=u, +1

A u =1+ 171 B.u,=1+ 11 C.u, =1+i D.u, =2+ 11
2n 2n+ 2n 2n+
Cau 6: Cho cac ddy s (u, ) sau
-1)"
a. un:n_+1 b unz( ) C.U,=—+2n d. u, =2n(2n-5)
n+2 n+1 n
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S6 day sé giam 1a
A.0 B.1 C.2 D.3

Cau 7: Cho céc day sb(u, ) sau

-1)"
a. unzz—n b. un=2n—E c.u,=2n-n*+5 d. unz(2 )
n+2 n n°+1
S6 day sb bichan la
A. 2 B.0 C.1 D.3
Cau 8: Cho céc day sb(u, ) sau
a. u =12n-11 b.u,=n(3n-2)  c. u,=3-n d. u, =(n+1)" —n?
Nhitng ddy sb la cap s6 cong gom
A.avac B.a cvad C.abvac D.b,cvad

Cau 9: Tim s6 hang dau va cong sai cua cap s6 cong (u, ), biét u,+2u; =0 va S, =14.
A u=8vad=-3 B.u=5vad=-1 C.u=6vad=—2 D.u=9vad=-4
Cau 10: Tim s6 hang dau va cong sai cia cap s6 cong (u, ), biét u, =10; u, =22
Au=-=8vad=6 B.u=4vad=3 C.u=-2vad=4 D.u=1vad=3
Cau 11: Tim s6 hang dau va cong sai ciia cap s6 cong (u, ), biét u, +u —u, =10; u,+u, =17
A u=1lvad=5 B.u=16vad=-3 C.yu=-3vad=5 D.u=15vad=-3
Cau 12: Tim s6 hang dau va cong sai cia cap s6 cong (u, ), biét u, =—15 va u, =25
A.u =-3Ld =8 B.u=-35d=10 C.uy =-3L5d=10 D. u, =-35d =8
Cau 13: Tim s6 hang dau va cong sai cua cap so cong (u,), biét u,+u, =60 va

(u,)* +(u, )" =1170

A. U, =-12;d =3 hoac u, =0;d :%1 B. u, =-10;d =3 hoac u, =0;d :%1
C. u, =-10:d :%1 hodc U, =0;d=3. D. U, =12 va d =% hodc U, =0;d =3

Cau 14: Tim s6 hang ddu va cong sai cua cap s6 cong (u,), biét u +u,+u;=-12 va
u,u,u, =8.

A uy=-2d=-1 Buy=-Ld=-2 C uy=Ld=-2 D.u=2d=-3

Trang 27



GV : Dao Phwong Thdao luyenthi-htt

Cau 15: Mot cap s6 cong gdm 8 sb hang vai s6 hang dau la —15 va s6 hang cudi 1a 69. Cac sb
hang con lai & giira lan luot 1a

A. =2;11;23;35;47;58 B. —3;11;23;35;47;59 C. -2;10;21;33;45;57 D. -3;9;21;33;45;57
Cau 16: Tim 3 s6 hang lién tiép cua mot cap s cong tang, biét tong cua ching bang 27 va
tong cac binh phuong cuia ching 1a 293.

A. 4;9;14 B. 3;9;15 C.-1;9;19 D.0;9; 18
Cau 17: Ba canh mot tam giac vudng co do dai 1a cac s6 nguyén duong 1ap thanh mot cap sé

cong c6 cdng sai bang 2. Tim ba canh d6.

A.3;5;7 B.5,7;9 C.4;6;8 D. 6; 8; 10
Cau 18: Ba gdc cua mot tam giac vudng 1ap thanh cap sb cong. S6 do goc nho nhat 1a
A. 40° B. 15° C. 30° D. 45°

Cau 19: Sb do cac goc cua mot tir giac 16i 1ap thanh cap s cong va goc 1on nhat gap 5 lan
g6c nho nhat. Tim cong sai cua cap sb cong do.

A. d =40° B. d =30° C.d=25%° D. d=35°
Cau 20: Tim x sao cho 3 sb a b, ¢ theo thir ty d6 1ap thanh cip sé cong, biét
a=10-3x,b=3x*+5,c=5-4x.

A.x:lvx:—E B.x:—lvx=§ C.x:lvx:_—10 D.x:—lvx:E
2 3 2 3 3 3

Cau 21: Cho cip sb cong (un) c6 s6 hang dau la u, =1 va cong sai d =1. Tim n sao cho tong
n s6 hang dau tién cua cap sé cong dé bang 3003.
A. n=T77 B.n=78 C.n=79 D. n=80

Cau 22: Cho céc day sb (un) sau
a u =3(2""  bou-=(-1)"3" cuy=2vau,=2u,+1. D.u,=3"-1
S6 cap sb cong trong cac day sb trén 1a

A.0 B.1 C.2 D.3
Cau 23: Tim s6 hang dau va cong boi cua cap sé nhan (u,), bict
U, —Uy + Uy, =65; u, +u, =325.

A.u=5vaq=+2 B.u=3vagq=43 C.u=3vaq=+2 D.u=5vaq=43.
Cau 24: Tim cong boi cua cip sb nhan (u,)la ddy s giam c6 u,—u, =768 va

u, —u; =1008.
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A-QZ—% B.q:% C.q:—g D.q:%
Cau 25: Cho ddy s (u, ) c6 sb hang tong quat u, =(~2)"".3™2. Nhan xét nao sau day ding?
A. Day sb trén 1a cip s6 nhan c6 cong boi q=6.
B. Day s6 trén 1a cip s6 nhan ting
C. Déy sb trén khdng c6 chan dudi va chan trén
D. DAy s trén la cap s6 nhan giam
Cau 26: Tim s6 hang dau cua cap sé nhan hiru han, biét rang cong bi la —3, tong sé cac sd
hang 1a 364 va s6 hang cubi la 486.
A -1 B.1 C.0 D. -2
Cau 27: Tim cbng boi cua cap sé nhan hiru han c6 s6 hang dau 1a 7, sb hang cudi 1a 448 va
téng sé cac sé hang 1a 889.

3 )
A q=— B.g=2 C.q== D.q=4
q 2 aq q 2 q

Cau 28: S6 s6 hang ciia mot cap s6 nhan 1a mot s chin. Tong tat ca cac sé hang caa nd 16n

gap 3 1an tdng céc sé hang co chi s 1é. Xac dinh cong boi caa cap sé do.

q > q q 4 q

Cau 29: Xac dinh sb hang dau cua cip s6 nhan ting, biét tong 3 s6 hang dau 1a 148, dong
thoi 3 s6 hang dau lan Iuot 14 s6 hang tht nhat, thir tu va tha tam caa cip sé cong.

A. 4 B. 12 C.27 D. 36
Cau 30: Tim 3 s6 hang dau a, b, ¢ cuia mot cap s6 nhan, biét rang a, b + 2, ¢ tao thanh mot

cap s6 cong va a, b + 2, ¢ + 9 lap thanh mot cap s6 nhan.

25 25 25 25 25 25
25 25 25 25 25 25

Cau 31: Tim céc s6 a, b, ¢, d theo thir tu giam dan trong d6 a, b, ¢ 14 ba sé hang ké tiép cua
mot cap sb nhan, con b, ¢, d 1a ba sé hang ké tiép cua mot cap sé cong; a+d =32, b+c=24.
A. 30;18;6vaz2 B. 32;16;8va0 C.16;8;4va0 D.24;12;6va0
Cau 32: Tim c4c sb a, b sao cho a, a + 2b, 2a + b 13 3 sb lién tiép cua cap s6 cong va

(b+1)*,ab+5,(a+1)" 1a basé lién tiép cua cip sé nhan,

A.a=3vab=12 B.a=12va b=3 C.b=3vaa=1 D.a=3vab=1
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Cau 33: Tim s6 tw nhién n théa man S, =1.2.3+2.3.4+34.5+...+n(n+1)(n+2)=53130

A. n=20 B.n=21 C.n=22 D.n=23

Cau 34: Cho day s6 (u,) c6 u, = %;Zun+l =u, +1 v6i n>1. Nhan xét ding 1a

A. S6 hang tong quat cua ddy so 1a u, =2""+1(n>1)
B. Day s6 (u,) khong bi chan dusi
C. Déy s6 (u,) khdng bi chan trén
D. Déy sb (u,) la day so tang va bj chan
Cau 35: Cho céc day so (u,) sau

a.u,=2"  bou=(-2)+2" ¢ u=2u

n

wa=u+(-1)" dou, =(-1)"(1+u,)

S6 day sb khong bi chan la
Al B.2 C.3 D.4

Cau 36: Tim s6 hang dau cta cap s6 nhan tang (u, ) co uu,u, =4096 va S, =56.

A u =4 B.u =6 C.u =8 D.u=2
Cau 37: Mot cap s6 nhan (u,) c6 5 sb hang, biét cong boi q = —% va U, +Uu, =63. Tim sb
hang tht: 5 cua cap s6 nhan nay

A. U5=3 B U5=§ C U5=§ D U5=4
Cau 38: Céc biéu thirc x+5y,5x+2y,8x+2y cd gia tri theo thtr ty lap thanh cip sé cong.
DPing thoi x—1, y+3, x—2y theo thi tu 1ap thanh cap s6 nhan. Xac dinh x va y.

27 9 -9 -3
A. x=-3,y=-1hodc x=—,y=—. B. x=—;y=— hodc x=3;y=1.
y a > y > 5 y > a y
-9 3 27 -9
C.x=—;y=— hoiac x=-3,y=-1 D. x=——,y=— hoac x=3;y=1.
2)/ 5 a y > y > a y

Cau 49: Tim hai s6 duong a va b biét ba sé 1; a + 8; b theo thtr ty lap thanh mot cip sb cong
va ba sé 1; a; b theo thtr tw 1ap thanh mot cip s nhan.
A. a=4vab=16 B.a=3vab=9 C.a=2vab=4 D.a=5vab=25
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Cau 50: Mot cap so cong tang (U,)va mot cap sb nhan tang (v,) c6 s6 hang thir nhat
u =V, =5; hiét u, —v, =10 va u, =v,. Tim cong boi q ciia cap s6 cong va cong sai d cua cap
s6 ¢cong.

A.d=20vaq=3 B.d=15vaq=3 C.d=10vaqg=2 D.d=15vaq=2.
Cau 51: Cho day s6 (u,) véi u, =2"—2. Tinh tong 10 s6 hang dau cua day s6

A. 2056 B. 2066 C. 2036 D. 2026

(7n-3n?)

Cau 52: Cho déy sb (u,) c6 tong cua n s6 hang dau tién 1a S, = vGi moi n>1.

S6 hang tong quat caa cap sé cong la
A. 5-3n B.2-n C.3-2n D.4-n

Cau 53: Cho hai cap s6 cong (u,) va (v,) co tong n sé hang dau tién lan luot la

S, =2n°+n véimoi n>1va T, =n’+7n véi moi n>1. Tinh tisd Lt
Vl
A2 B. 3 c.: D.2
7 8 2 7

Cau 54: Goi a la mot nghiém cua phuong trinh: x*—3x+1=0. Xét day so (u,) co
n, 1o A ae A a
u, =a" +— véi n>1. Nhan xét nao sau day dung?
a

A. Day s6 bi chan B. Day s6 ¢6 moi sb hang 1a s6 nguyén
C. Day s6 giam D. D&y s6 ¢6 s6 hang dau la u, =-3

2n+5

n®+1

A 12 B.11 C.10 D.6

Cau 55: Cho day s6 (u,) ¢ u, =

. S6 hang bang % la s& hang thar may?

Cau 56: Cho day s6 (u,) c6 u, = cos[n{j Vv&i moi n nguyén duong. SO gié tri khac nhau

cua day sb la
A.6 B.5 C. 4 D. 4

Cau 57: Cho day s6 (u,) xéc dinh nhu sau: un a s6 du khi chia n cho 6. Khing dinh nao sau

day sai?
A. Dy sb chi c6 6 gia tri khac nhau B. DAy s bi chan
C. Néu u,, =u, thi [m—n| chia hét cho 6 D. S6 hang nhé nhét 1 us.
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Cau 58: Cho déy sb (u,) xéac dinh béi: u, =5 va u,,, =3u, véi moi so nguyén duong n.

Cong thuc sé hang tong quat 1a

A. u, =53 B.u,=53" C.u,=53"? D. u, =5.3"°
Cau 59: Cho day s6 (u,) c6 u, =1 va u,,; =3u, +2n véi moi s6 nguyén duong n. Tim cong

thirc s6 hang tong quat cua (u, ).

A u, = 1 .3“’l+n—1 B.u, = 1 .3”’1—n—1
2 2 2 2
C. u, = E .3n—1_n_l D. u,= E '3nil+n_£
2 2 2 2

Cau 60: Cho day s6 (u,) c6 u, =1 va u,,, =2u, —n véi moi s6 nguyén duong n. Tim cong
thirc s6 hang tong quat cua (u, ).
A u =n+1-2"" B.u,=n-1-2"" C.u,=n+1+2"" D.u,=n-1+2""

Cau 61: Cho céc day sb sau

n+1

a. u —M b. u —M C.U = 1 + 1 + 1 + +i
S 2(n+Y) S ontaa " n+l n+2 n+3 7 2n
S6 day sb bi chin trong cac day sb trén la
A.0 B.2 C.1 D.3

Cau 62: Cho ddy s6 (u,) c6 u =Lu,, =u,+U,+mn véi moi m, n la cac s6 nguyén

m+n
duong. Tim s6 hang tong quat cua (u, ).

A. u,=n(n+1) B. un=@ C.u,= 3 D.u,= 2

Cau 63: Cho day s6 (u,) c¢6 u, =1 u,=—7 va u,,=5u,—6u, véi moin la sb nguyén
duong. Tim s6 hang tong quat cua (u, ).
A u =2" 3" B.u =52"-3"  C.u=-2'+3"% D u =32"-53"
Cau 64: Xac dinh s6 hang dau u1 va cong sai d cua cap s6 cong (U, ) €6 Uy =5u,;U;; = 2Ug +5
A u=3vad=5 B.u=4vad=3 C.u=3vad=4 D.u=4vad=5

Cau 65: Xac dinh s6 hang dau ux va cong sai d cua cap sé cong (U, ) c6 u; =10; S, =5

A u=46vad=-9 B.u =8 vad=-19 C.u,=—22 vad=8 D.u =-62 vad=18
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Cau 66: Xac dinh s6 hang dau u1 va cong sai d ciia cap s6 cong (u,) ¢6 tong n sd hang dau
tién 1a S, =3n+n? véi moi s6 nguyén duong n.
A u=2vad=2. B.uy=4vad=2 C.u=4vad=3 D.u=2vad=3.
Cau 67: Cho cap s6 cong (u, ) théa man u, +Uy +U,, +U, =16 Tinh tong 19 sb hang dau S, .
A. S, =76 B. S, =152 C. S, =138 D. S,, =252

Cau 68: Cho mot cap sb cong (u,) c6 m’S, =n’S, véi moi m, n I3 hai s nguyén duong.

, . o u
Tinh ti so 2%~
ul

A. 4034 B. 4033 C. 8069 D. 8070
Cau 69: Tim s6 nguyén duong n biét (2n+1)+(2n+2)+(2n+3)+...+3n=2265

A.n=31 B.n=30 C.n=28 D. n=29
Cau 70: Tim s6 nguyén duong n biét 1+2+3+...+(n—1)=2017n

A. n=4032 B. n=4033 C. n=4034 D. n=4035

1 e .
+3=———— V&1 Moi $6 nguyén duong n.

" [n(n+1)]

Cau 71: Cho déy s6 (u,) 6 U, =2 va u, —u

Tim s6 hang tong quat u, .

A un:3n—3+1 B. un:3—3n+1 C. un:3+3n—1 D. un:3n—3—1
n n n n
A~ , A 3 1 _1 /. A N A A A
Cau 72: Cho cac so a; b; a+b=0sao cho —; ;— theo thtr ty 1ap thanh cap s6 cong.
a (a+b) b
2
Ti s6 Z_Z la
A3 B. 1 C.2 D. 1
3 2

Cau 73: Xéac dinh s6 hang dau va cong boi cua cap s6 nhan (u,) c6 Uy, =32; U = 256U,

16 1 1 1 16 1
A U=—:0=2 B.u=—:0=2 C.u=—;g== D.u=—;0==
175 q 1~ 16 q 1~ 16 q 5 1T g q >

Cau 74: Xéc dinh s6 hang dau va cong boi cia cap s nhan (u,) c6 u,—u, =54 va
U —u, =108.

A u=9vaq=2 B.u=3vaqgq=2 C.u=9vagq=-2 D.u=3vagq=-2
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Cau 75: Tim x, y biét x;y;121a 3 s6 hang lién tiép cua cap s6 nhan va x;y;91a 3 s6 hang lién
tiép cua cap sb cong.
A. x=3va y=6 hoac x=27 va y=18 B. x=108 va y =36 hodac x=3 va y=6.
C. x=27va y=18 hoac x=36 va y=18 D. x=54 va y=27 hoiac x=36 va y=18.

Cau 76: Tim x biét ba s6 (x—%j;sin X; cos(x+%j 12 3 s6 hang lién tiép cua cip s nhan
T . X A T A A
A x=4_r§+ k27 , k 1a so nguyén B. x=4_rg+ k27, k 1a so nguyén

C. x

i%+kﬂ',k|é.86 nguyén D. X=i%+kﬂ',k|é$6 nguyén

Cau 77: Cho X, y, z 1a ba s6 hang lién tiép cua cap sé nhan giam thoa man xyz =64 va

X} +y*+2°=584. Timx,y, z.
A. x=32;y=4 va z:% B. x=8y=4vaz=2
X 1 N
C. x=2;y=4vaz=8 D.X:E;y:4va z2=32.

Cau 78: Cho x, vy, z 1a ba s6 hang lién tiép cua cap sé nhan cd cong bdi q thoa man

|q|<1;£+1+l:14 Va Xy + yz+zx=_—7.T‘|m X, Y, Z.
z 108

Xy
A. x:i;yz—1 vaz=1 B x=1;y__— vaz=L.
18 6 3 12
C.x:l;y:_—1 vaz=1 D.x:i;y—_— vaz=1
2 6 8 12 2
-1)"
Cau79: Tinh S —tim| -2+ 21, L CY
2 4 8 2"
As=-1 B.S=1 C.5=-1 D.5=1
3 3

Cau 80: Cho AABC c6 3sin A;2sinB;2sinC la ba s6 hang lién tiép cua cdp s6 nhan va
A—-C =60°

A. 30° B. 60° C. 45° D. 54°
Cau 81: Gia sir X, X, 1a hai nghiém cua phuong trinh x> —x+c=0 va X;,X, la hai nghiém
ctia phuong trinh x> —4x+d =0. Tinh ¢, d biét rang X, X,,X,, X, 1ap thanh mot cap s nhan

tang.
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Ac=2d=32 B2 928 cod g 1024 56 4 28
9 9 16 16 25 25 25 50

Cau 82: Cho cap sb cong (u,) co cong sai d =0 va cap sé nhan (v,) co cong boi q>0

thoaméan u, =v, =-2; U, =V,; U; =V, +8. Timd vag.

A.d=4vaq=2 B.d=4vaqg=3

C.d=-4vaq=2 D.d=-4vaq=3

Cau 83: Cho day s6 (u,) c6 U, =2, u,,, =3+4u,. Xéc dinh cdng thic tong quét cia Un.

A u, =24""+1 B.u,=24""-1

C.u,=34"1-1 D. u, =34""+1

CHUYEN DE 4: GIGI HAN VA HAM SO LIEN TUC( Tai liéu tw lugn)

A. LY THUYET CO BAN

I.Giéi han ciia ddy s6

Giai han hiru han

Giai han vo cuc

1. Gigi han dac biét:

lim 1:0; lim i:o(kez+)

X—+0 N X—=+0 N k

lim g" =0(|q|<1);XILrI1mC =C

2. binh ly:

a) Néulimu, =a,limv, =b thi
e lim(u, +v,)=a+b
e lim(u,-v,)=a-b

e lim(u,v,)=ab

. Iimu—”zg(ne‘u b=0)
v. b

n

b) Néu u_ >0,vnva limu =a thia>0va
limu, =+a
c) Néu |u |<v,,Vnvalimy, =0

thi limu, =0

1. Gidi han dac biét:

lim </n = +o0

X—>+400

lim n* =+oo(k c Z*)

X—>+00

lim q" =+ (q>1)

X—>+00

2. binh ly:

a) Néu lim|u, | =+oo thi lim— =0
u

n

P : S u
b) Neu limu, =a,limv, =+ thi lim—=0
\Y

n
¢) Néu limu, =a=0,limv, =0

+oonQuav, >0
—o0 nQu av, <0

thi |imﬁ={
Vﬂ

d) Néu limu, =+oo,limv, =a

+on@a>0

thi Iim(un.vn):{ it <0
—00

* Khi tinh gigi hgn ¢ mgt ngi dung trong
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d) Néulimu, = a thilim|u,|=[a| cac dang vé d‘znh:%,f,w- 00,000 thi phai

2 r r - A w
3. Tong caa cap so nhan i vo hgn o
tim céch khu dang vé dinh.
I"Il

S=u +ug+ug’+..=
, + U0+ Uy 3

(lal<1)

2. Mét s6 phwong phdp tim gidi han cia day so:

e Chia cd tiz v mdu cho liiy thira cao nhdt cia n.

1+1
vD: a) lim* L = jim—n_-1
2n+ 3 2+§ 2
n
1
2 ) 1+ =- 3
b) lim M- 3n_ imd_n " _4
1- 2n 1 9
n
; . & 4 10
o) lim(n?- 4n+1)= limn%d- —+ === +
) ( ) gl nons

e Nhan lwong lién hep: DUng cé&c hang dang thic

(Va- \b)(Va+ b)= a- b;(¥a- ¥b)(/a + /ab+ b*)= a- b
(\/n2 +3n- n)(\/n2 +3n+ n) 3n

= liM——=—=

(\/n2 +3n+ n) Jn®+3n+n

e Dungdinh 1y kep: Néu [u,|£ v, .,va limy, = Othi limu, = 0

VD: Iim(\/n2+ 3n- n): lim

N w

VD: a) Tinh |im¥.

sinn

sinn 1] ... 1 .
valim==0nén lim——=20
n n

> <z
n n

Vi 0<

3sinn- 4cosn
2n°+1

b) Tinh lim

Vi [3sinn- 4cosn| s\/(fs2 + 42)(sin’n+ cos’n)= 5

Nén 0< <—.
2n“+1

3sinn- 4cosn2n2+l‘ 5

3sinn- 4cosn _
2n*+1

Ma lim 25 = 0nén lim
2n“+1
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Khi tinh cac gidgi han dgng phan thsec, ta ch( y mét sé triwong hop sau day:

e Néu bdc cua tir nhé hon bdc cira mau thi két qua cua gidi han d@é bang 0.

e Néu bdc cua tir bang bdc cia mau thi két qua cua gidi han dé bang ty sé cua cac hé

S6 Cuia liy thira cao nhat cua tir va mau.

e Néu bdc cua tir lén hon bdc ciia mau thi két quda cua gidi han dé la + o néu hé sé cao

nhdt cua tir va mau cing ddu va két qud 1a - o néu hé sé cao nhdt cua tir va mau trai

ddu (ta thwong dat nhan tiz chung cua tiz, mau riéng).

I1. Gi6i han cia ham so

Giai han hiru han

Gioi han vo cuc, gioi han ¢ vo cuc

1. Gii han ddc bigt:

limx= x.;
X® Xg XO

limc= c(c: hang s6)
X® Xy
2. Pinh Iy
) i!é)nxwof(x): L
a)neu i i M
$1im g (x)=
thi:
* im0+ g L
o liméf () 9(fE L- M
. Xlé)rpO & (x).g Q= LM
f ,
. Iimﬂ: L (neu M1! 0)
xn g(x) M
% f(x)>0

%Iim f(x)= L

X® Xg

» L20*lim [T ()= VL

c) Néu lim f(x)= L thi xI(|®rrx1o| f ()= L]

b) Néu thi

3. Gidgi hgn mgt bén:

1. Gidi han dac biét:

) K ) " §+oo nQu k ch'a
lim x“=+o0; lim x* =1 -
X® +¥ X® - ¥ t_oo nQu kIl
] .. C
limc=c; lim —=0
X® +¥ X® +¥ X

.1 .1
lim==-o0; lim==+4ow
x®0 X x® 0" X

.1 .1
lim—==Ilim—=+w
X® 0 |X| x® 0* |X|
2. binh ly:
limf(x)=L=0

X® X

2

a) Néu i thi:

% qulbnxw0 g(x) =00

+oo0 Llimg(x)>0

X® Xo

- L.Xl(grgog(x)< 0

o lim f () ()= i

A

MNai_
imoC)=0

lim f(x)=L=0

thi:

Iirnf(x)_‘§+oo nQuL.g(x)> 0
x®x0IX)_ i- o0 nCM L.g(x)< 0

* Khi tinh gigi hgn ¢ mgt ngi dung trong
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lim f (x)= L cac dang vo cﬁnh:%,f,oo- %000 thi phdi
o0
< lim f(x)= lim f(x)=L _
x®x0 X® x5 tim céch khu dang vé dinh.

Mgt s6 phwong phdp khir dang vé dinh:

0
1. Dang—
¢ 90

P(X)
Q(x)

Phan tich ca tiz va mau thanh nhan ti va rit gon.

a) L= lim = vai P(x),Q(x) la cdc da thirc vaP(x,)= Q(x,)= 0

X3 - x- 2)(x*+ 2x+ 4 2
v lim X7 8 = jim X ):IimX+2X+4:12

w2 x?- 4 w2 (x- 2)(x+ 2) x®2 X+ 2 4

=3

b) L= lim P(x )Vo’l P(%)= Q(%)= 0 vaP(x),Q(x) 1a cc biéu thic chira cin ciing bic

Q(x)
Sir dung cac hang dang thite dé nhdn lwong lién hop ¢ tir va mau.
VD: i 2. J_ i (2 J4- x)(2+ \Va- x) _ 1
limE——— = = lim
X® 0 (2+ \/ﬂ) X®0 2+ '\/m

X® 0

Pk
Q(x)

Gia su: P(x)= Q/u(x)- Q/v(x)véi T/U(Xo)= Q/v(xo): a.
Ta phan tich: P(x)= (m a)+ (a- Q/\@)
VD: lim P LE N X g%‘T 1L X%

¢) L= lim véi P(x,)= Q(%,)= 0va P(x) la biéu thirc chiza cin khéng dong bac

X® 0 X X® 0

X

~im 1 L1

x® E\/(XH)J”/mH 1+ V1- x
P(X)
(x

) véi P(x),Q(X) la cic da thirc hogc cac biéu thirc chira cdn.

QH-[-I---|O:

2. ang ;L= Ilim

X® +¥ Q

- Néu P(x),Q(X) la cdc da thirc thi chuwa ca tir v& Mdu cho iy thira cao nhdt cia X.
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- Néu P(x),Q(X)cé chita cdin thi cé thé chia ca tir va mau cho liy thira cao nhat cua x hogc

nhan lwong lién hop.

2+5 3
. 2X + 5x- 3 ;- X2_
VD:a) lim — 5 = im ——3=2
X“+ 6x+ 3 1+ 24+ 2>
x X

. 2x- 3 . f 1
b) im ———= lim- 1+ =-1=-1
)x®-¥ [\2+1- x *®¥ X2

3. Dang oo- 00:Gidi han nay thwong c6 chira cin

Ta thuong sir dung phwong phdp nhan heong lién hop cua tir va mau.

. (Wi x- B X))
vD: lim (V1+ x- Vx)= X!@'ﬂ( \/14,—?((4,\/; ):x!@'ﬂ ﬁ:o

4. Dang 0.0
Ta ciing thuwong sur dung cdc phuong phdp nhuw cdc dang o trén.
VD: lim (x- 2) X \/_ O'f: 0

x® 2° 2+

I11. Ham s lién tuc

1. Ham sé lién tuc tgi mét diém:
y= f(X)lién tuc taix, < XIg@rQ f(x)= f(x,)
o Dé xét tinh lién tuc cia ham sé y = f (X)tai diém X, ta thuc hién cdc busc sau:
B1: Tinh f (X,).
B2: Tinh lim f (x)(trong nhiéu truong hop ta can tinhX!EirX? f(x),xl®irxnd f (x))
B3: So sanh Xlgzlo f (x)voi f (x,) va rat ra ket lugn.
2. Ham sé lién tuc trén mgt khoang: y = f (X)lién tuc tai moi diém thugc khodng do.
3. Ham sé lién tuc trén mgr dognfa;b]:y= f(X) lién tuc trén khoang (a;b) va
lim f (x)= f(a), I|m f(x)= f(b)

x® a*

4,
o Ham sé da thic lién tuc trén R.

e Ham sé phan thirc, cc ham sé lirong gidc lién tuc trén ting khodng xde dinh cia ching.
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5. Giasi y= f(x),y= g(x) lién tuc tai diemX, .Khi do:
o Cachamsoy= f(X)+ g(x),y= f(X)- g(X),y= f(xX).g(x)lién tuc tai diém x,.
f(x)

o HamM s6 y= ——2 lién tuc tai diemx, néug(x,)=0.

9(x)
6. Neu y= f(x)lien tuc trénfa;bJva f ().f (b)< Othi ton tai it nhat mét so
ci (ab): f(c)=0.
No6i cach khac: Néu y= f(x)lién tuc trén [a;b] va f(a).f (b)< Othi phuong trinh
f (x)= 0 c6 it nhdt mgt nghiemc 1 (a;b)..
Mg¢ réng:

Néu y= f(x)lién tuc trén [a;b]Datm= r[n_ibr]lf(x),M: rP?](f(x) Khi d@é véi moi

T1 (m;M) ludn ton tgi it nhat mét soci (a;b)sao cho f (c)=T..

B. BAI TAP
DANG 1: GIOI HAN DAY SO
BAI 1: Tinh céc giéi han sau: (Chia ca tir va miu cho n® véi s6 mii a cao nhit. Hoic dit

nhan tir chung)

. 2 _ . ] 3+ 22+
1) lim(n*- n+1)DS:+o0 13) lim 3" N s 3
n*+ 4
2) lim(- n*+ n+1).DS:- )
_ 14) lim PS: 1
3) limy/2n*- 3n- 8PS:+w (n+ 1)@+ n)(n*+1)
i3 _ 3 . - n? -
4) lim31+ 2n- n® PS:- 15) lim n ern 1DS:-%
5) lim(2n+ cosn).DS: o )
o, 6 16) lim¥2" L pg. o
6) Ilméan - 38in2n+ 55 PS: +o0 Jn+1
: 2n- 3
' 17) lim——=— pS:2
7) u,= 2n+1.DS:+oo In*- 2n+1
. 2n*+n*- 3
8) u =2"- 3.DS:- 18) lim————— bS: +oo
) U OO ) 3n*- 2n*+1
. 2n+1
9) lim———bS:0 3 2
) n’+ 4n°+ 3 19) Iim?’njlz—n:nDS:- 0
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- 2+1 . - 4n’+ 2n+
10) lim—"—~ Ps: 0 20) lim A+ 2N+ S0
2n"+n+1 3n+1
2
. +
11)I|m:]—1BS:0
2n"+ n+1

2n?- n+ 3
3n“+ 2n+1 3

BAI 2: Tinh céc gigi han sau: (Chia cho lily thira ¢é co sé l6n nhat)

12) lim

n . + ) n_ n
1) I|m1 3 bS: 1 5) |ImwBS: 21
4+ 3" 5"+ 27" 2
. i n+ n+1 . _ . n+ n
2) I|m43n—7nBS:7 6) IlmuBS:l
25"+ 7 2"(3"*- 5) 3
) n+1+ n+2
5"+ 8
. n+ n+1
4) I|m2 5n S:5
1+5

BAI 3: Tinh céc gioi han sau: (Tir & dang vo cung £ vo cung; Mau é dang vo clng + v
cling; bac cau tir va bac cau miu bing nhau thi ta chia cho sé mii cao nhét cia tir hoic

~
R

mau)

Cha y: Jn* co mi %;i/n_kc() mi %

[4 2 ) [1n2
1) fimMA It 1og 4 fim A2 e
Jni+4n+1+n JnP+ dn+1+n
\/n +3-n-4 ondn+1)(/n+ 3
2) = bSs: 0 5) Iim( A )DS:Z
Jn?+ 2+ n (n+(n+ 2)
3
n4+1+ JanZ+1+n V3+1

BAI 4: Tinh céc gi6i han sau:

Néu bai toan c6 dang : +Vé cing — vo cung khong c6 mau (hé sb cia n bac cao nhit
gidng nhau).

+ Ca tir va miu & dang: Vo6 cling — vd cung. (hé sb cia bac cao nhit giéng nhau)

Thi ta nhan lién hep ¢6 ciin bac 2, 3 rdi chia cho lity thira c6 s6 mii cao nhit.
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Néu bai toan ¢ dang vé cung + v cang thi kq 13 vo cung ta dit nhan tir chung cé mii
cao nhat rdi tinh gié¢i han. Hodic hé s6 cia n bac cao nhat khac nhau ta chia hodc dit

nhén tir chung.

1) Iim(\/n2 +3n+ n)BS: + o0 9) Iim(1+ n?- n*+ 3n+ l)BS: 1

2 _ 2
2) lim(Vn®- 2n- n+ 2013)D8:2012 | o N dn- JaAntelp o 1
J3n?+1- n V3- 1
3) Ilm( n’- n- n)BS:-% _ 1
11) lim bS: - «
Jn?+ 2- n?+ 4
4) Ilm( n+1- n+ S)BS 5
2 - -
12) fim¥A 1 2an- 16 L
5) Ilm( n?+ 2013- n+ S)DS:S JnZ+ 4n+1- n 2
] 2+ 31_ 6
6) lim(yn“+ 2n- n- 1)bs: 0 13) lim " —="ps: 0
n“+1-n
7) Ilm( n’+n- \/n +2)DS 1
2

8) Iim(\3/2n- n’+n- l)DS: -1

BAI 5: Tinh céc gi6i han sau: (Giéi han Kep giira hai biéu thirc ¢6 cing két qua)

. 2cosn? _ 3sin®n+ 5cos?(n+1
1) lim——bS: 0 3) lim ( ) S:0
n-+1 n+1
- 1)'sin(3n + n? 3sin?(n®+ 2)+ n?
2) iim& Y ( )DS:O 4) lim (+2) pS: - =
3n-1 2- 3n? 3

BAI 6: Tinh céc gi6i han sau: (RGt gon rdi tinh giéi han)

& o

1) |Im§ 1,1 + .+ 1 = PS: 1
13 35 (2n- D)@+ D 2
© 5

2) |um§ LI S 1 —Ds 3
12 24 n(n+ 2 2

& 10 10 &
3) “mél' 22?“ - g

x
4) hm%1 ER— —DSI

12 23 n(n+ 1)
5) limit 2t -t N pg 1
n“+3n 2
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1+ 2+ 2%+ .+ 2"

6) lim 5 bS: 0
1+ 3+ 3+ ...+ 3
. , x 1& l1lo0x 160
BAI 7: Chodayso (u )vgi u, = §- —=36- —=.6l- —= véi'"'n>2
y 0 ( n) o n gl 22 326 gl nZQ Y
a) Rut gon u,. BS: n+l b) Tim limu,.DS: %
BAI 8: a) Ching minh: ! 1 ("ni N").

nn+tl+ (n+Dvn  Jn Jn+1

1

1 1
+ + ...+ .
W2+ 21 23+32 n/n+ 1+ (n+ )Jn

¢) Tim limu,. BS: 1

b) Rut gon: u, =

iu =1
il

BAI 9: Cho day sb (u.)duoc xéac dinh boi: .
y ( n) C 1 %uml: un+2_1n(n2]_)

a) batv,=u,,- u,.Tinh v,+ Vv, + ..+ Vv theon.
b) Tinh u, theo n.
¢) Tim limu,. BS:2
R L . _ju=0u,=1
BAI 10: Cho day s6 (u, )dwoc xac dinh béi: |
20, ,= U, + U, (n>1)

n+2

a) Ching minhrang: u,,, = - %un +1,"n>1.

b) batv =u, - %.Tl'nh v. theo n. Tur @6 tim limu . BS: %
o 3 u=2012 . .
Cho day so (u, )xéc dinh béi | ;ni N™.Tim

fU,,, = 2012u’ + u,

.
lim §ﬁ+ %4+ Y H(HSG Lang Son 2011)
y =

X® +¥ u3 un+1®
PS: - CM duoc diy tang: U ,,- U = 2012u’> 0"n
- Gia sir ¢6 gidi han laa thi: a= 2012a*+ a=a= 0> 2012 Vo ly

Nén limu, = + o0
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2 U,,- U & )
“Tach =Y (. ”): L gi- Li
U,, U,u — 2012u.,u,  20128u, U.,,o
& 0
2012 x@+¥ §u, u,.5 2012
BAI 11: Cho day (x,)x4c dinh nhu sau:
by =1 o
0N
FXor = X+ 3%, + 1
- 1 1 1 - . .
bat S, = + + ..+ (nI N*).Tim LimS,..(HSG Lang Son 2012)
X\+2 X, +2 X, + 2

BAI 12: Tong day la cap s6 nhan 10i vo han:

~ 1)
a.S=1+i+1+... b.S:1+i- i+ +( )+... PS:a.2 b.E
2 4 11

10 10*  10™*
BAI 13: Biéu dién cac sb thap phan vd han tuan hoan sau dudi dang phan sb:

a. 0,444... b.0,2121... c.0,32111... DS: a.f b 21 Cc 289

9 99 900

_l+a+at+..+a" . -
L= lim : vei |a).Jb|< 1. Bs: T2
x®¥ 1+ b+ b+ ...+ b" 1- a
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DANG 2: GIGI HAN HAM SO
Bai 1: Tim c&c gidi han sau:

+ Khi thay x=a vao f(x) thdy mau khéc 0 thi gii han bang f(a).
+ Khi thay x=a vao f(x) thdy mau bang 0 thi gi&i han bing .

1) lim (x*+x). BS: 12 [2 w1
a3 X“=x+1 pSs: 3

7) lim X X*
y x—2 X—-1
2) lim —— PS: oo
x>l x—1 2 _
8) |in;—“2:+3 PS:/2/2
2 3 x> X+
3) Im{}w ps: 1 s
x> +X -
9) Iirrll% PS: 0
3% +1-x ” B
4) 1lim ¥ 27X pg.ap
x—>-1 X—=1 ,3, 2_ _4/ —
10) lim X =42V3X=2 p
) ( ) X2 X+1
sin| x-
5) Iirgf PS:\2/ 7 11) Iirrgxzsin% bS: 0

6 tim—""% ps.-2s3
x>-1X" 4+ X—-3

Bai 2: Tim cac gioi han sau: (Khi thay x=a vao f(x) thdy tir = 0; mau = 0 ta rit gon mat nhan
twr roi thay tiép toi khi mau khac 0 1a xong) con néu mau = 0 tir khéc ) thi kq 1a o

2_ 3_ 2 _
1) 1imX =1 ps:2 g) limX =X =3 5

x->1 X —1 x—>1 x? -1

S:1
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2) |imx(2—1j ps: -1
Xx—0 X
. x*-8

) IXILT;x2—4

PS: 3

2
4 lim 3xX°—4x+1

x—1 X=1

PS: 2

2_ —
5) Iim2x 3x-2

x—2 X—2

PS: 5

4_
6) ||mx—16
x>-2 X3 4 22

bS: -8

X2 —x?—x+1

7) lim—; bS: 0
x>l X —3X+2

15) lim 1 33 bS:-1
-1 1-X 1-X

16) lim X+2 x—4
x-1| x? —5x + 4 3(x —-3x+2)

X924 x—2

17) lim sy — DS:1993/1992

18) lim X _i chd v tdng cita CSN DS:m/n
X—>. X —

Bai 3: Tim céc gidi han sau: (Mgt can bac 2)

1) |

2)

3) |

4)

“4X+ —3 bs:1/6

x—>2

2 J—
lim Y X 1 5q.0

x—0 X

\/x+ -3

x—>4

DS:-1/6

Ilm\/; 3

x—>9 Oy — X

bS:-1/54

Bai 4: Tim céc gidi han sau: (Hai can BAac 2)

1) lim>———""~ ps:1

x—>0 X

1+ X+ X+ X8
9) lim=— XX +x
x-1 1+x

bS: 2

x® —5x% +3x+9

10) lim bs: 0
) x* —8x* -9
x°+1
11) lim X bS: 5/3
x>1x% +1
12) lim M PS: 10
x—1 (1—X)
6 Ey5
13) lim X=X X g g
x—1 X =1

14) |.m( z _Lj pS: -1/2
o (X -1 x-1

lim (1+5x)(1+9x)-1

x—0 X

19) lim @+ x)(L+2x)(1+3x) -1

x—0 X

bS: 14

bS:6

X+X2+...+xX"=n

20) Iin] bS:n(n+1)/2
21) lim X =N g1y
x—1 (X—l)
5) lim2Y*=3 pg.-1/56
X—7 X _
 J2x+T7+x-4
6) lim ;” tx pS:-4/15
ol X7 —4X°+3
3
X —3x=2
7) limX Y2 pgo
x—1 X =1
[y 2 3
g) lim XX 3HX =K pen
x—1 X -1
2_ —
10) lim XX 1+x ! psiy2

x—1"

N3
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2 lim—YX=1 s 11) lim XL pg.ay
-l \X+3-2 x>0 3—/2X+9
3) IimYXE2=X po. 3 12) lim xr2-v2x po,
=2 J4x+1-3 =2 (Jx—=1-4/3=x
. AX+2-2 ) x> +1-1
4) lim bS:3/2 13) lim— bS:4
) X—2 X+7_3 )X~>0 ,XZ +16_4
5) lim¥Y2X =3 pe..ar 14) lim XEY3=2X g org
oL 2—\x+3 >3 x*+3X
6) lim &‘3; ps:3 15) lim YXFIFNXHIO 7 pyg 0
x—>9 Ox — X x>0 X
7) Iirqi’_— V:”Bs;-l/s 16) |im&_\/“/§; sz‘a,véia>o.
X—> _ _X X—a X _a
) [ N2X 2 \3x+1 DS..1/4 1/2a
x—1 X—=1 x—1
17) lim DS:2
— x—1 2 3
9) lim Y2XH3VXH2 po e VX434 =3
x>-1 3x+3
Bai 5: Tim céc gidi han sau: (Mgt can Bac 3)
_ ¥ax - XX 2
1) im I =2 o3 4) 1lim2 2272 pgog
x>2 X—2 o1 3fx+1
. X2x-1-1 3 2
2) limX~="——= ps:2/3 5) lim X -1 e
x-1 x-1 x—0 X2
: X 3
3) lim——— PS:3 o 3x-1 .
=0 Y+ x —1 6) leg’l\m_z bS:1
5 —
7y lim2X=L ey
x—0 X
Bai 6: Tim céc gidi han sau: (Hai cin khac bac)
1+ x—-31+x 3 _3[y2
1) lim = PG 12) tim Y= . AT 124
X—> x—1 X —
3y _ 3f 3/ -
2) tim XLV oo 13) lim VX0 NXH2 e 1104
o0 J2X+1—+X+1 X2 X —4
N, -  1+4xA1+6x -1
3) limXX =1 peap 14) lim Y2 HXNEY PS:5
=01+ x -1 x>0 X
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4) |inr32“1+x N8=X psi312 15) lim 0“1+2X'“1+4X L psis3
X—> X X—> X
5) | ““ VX ps.11s 6) im @Y%) b1
ot x> —5x+4 -1 (1-X)
6) J2X+10+JX > bS:-7/72 7) i m(l—\/;)(l—é/i)(l—i‘/i)(l—é/;)
X_’ 3 X -9 I x—1 (1_X)4
. -3 bS:1/12
7 IIrT}J1+4x $1+6x DS:0 S:1/120
' 8) lim X1V X oo s
31 ' x—0
8) | 2“0 X= ““ PS:-1/3
X—) X
19) lim bS:-6
3 _ x>0 ¥/8—x — 38+ X
9) |irr21\/8xtll3 ‘/;” PS:7/54
x> X®—3X+ ~ 2
e e 8) lim *’5)‘_;”2 3”119&0
- 1 YX—2+ X" — X+
10) lim 1+8x : 1+6X DS
x—0 X
X+11— 7
1) lim 38 s X+ psaien
x>2  2X°—bx+2
Bai 7: Tim céc gidi han sau: (Ilmﬂ_ll Otaﬂ=1)
X x>0 X
1) 1im3X ps:2/ 7 10) lim 1= pgo
x—>% X x—0 X
COS X —COS 7X
2) lim—— Ps:1 W lin——7—— bS:12
x>0 COS X
. . COS X—C0S3X
3) Iimtan X +Sin 2X DS:0 12) IX'LQW DS:2
x>0 COSX
sin x
4) lim tgxx DS:4/37 13) lim -~ DS:172
x>Z T —
4
Siny 4) lim 1—cos X.cos 2X.c0s 3x PS: 14
5) lim PS:5/3 X0 1-cosx
x—>0  3x
. sinbx.sin 3x.sin X . a
6) lim=——"= pS:1/3 5) lim X23D811/9
7 “ml—C?SZX DS:2 6) lim sinx.cosx—sinx o
x>0 Xsin X rald .
sin =
8) lim=—S%4X pgiy
x—0 2X
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C0S4X —C0S3X.C0S5X

25) lim 2 DS:18
cos(zcosx)
26) lim—2——— PS:z BD géc phu
x—0 . 2
sin® =
2
chéo
27) li m_SInsx_ DS:4+/3 Dit 4n phu
XJ1—2cosx
2
28) lim2=*_ ps:16/ 1z
X—2 TX
cos =~
20) lim 87X+ pg.o
x—1 1—X

30) limtan 2x.tan (%—xj bS:1/2

T
X—>=
4

31) lim——9%__ pg.-2

NI T
4SIN| X——
( 4j

32) lim(x+2)sin 3 bS:3
X—00 X

GV : Dao Phwong Thdao luyenthi-htt
sin 2x |1—|1+sin3x||
9) lim N bS:4 17) limm————" pS:3/2
x>0 X+ 1 ) x—0 ,ll_cosx 3\/_
19) Iirrg% PS:9/25 18) lim Ve X
x-01—C0S
X x>0 1 — cosJ_
. 1—cos?x .
20) lim——— bS:4 2sinx-1
X0 i 40) lim———— PS:-1/2
0 xsinx )XJ 2cos’ X3
21) Iirr(}smgx_+smx DS: 1 _ \/5
sin x 41) lim smlx—tcosx BS:—7
xZ —1gX
22) li Ow PS:5 4
X—>! X
1—sin X —Cos 2x 42) lim > bS:-1
23)' - PS:-1 x>7 1- COth
x>0 sin x
. . T
—qj 43) lim(xsin=) DS:
24 lim B SINX g ) b)) psiz
X—> X

3
44y lim —X*8_ ps.1
x>-2 tan(x +2)

] 1 3
45) Ilm(_—— _ jx bS:0
x>0\ sin X sin3x

22) lim 1—s!n 2X —C0S2X DS--1
x>0 145In 2X — COS 2X

tan(a +x).tan(a—x) —tan’a

46) L= HO v bS:
tan‘a—1

A7) lim (a+x)sin(a+x)—asina DS
x—0 X
(a+1)sina

1—+/2x+1+sinx
0 J3x+4-2—x

48) (DHGTVT-98): lim

PS:0

_3(2
49) I m\/2x+1 Ix?+1 DS

x>0 sin x

2 I
V2 tanjxcosx PS:v/2/8

50) lim

x—0

J1+sin? X —cos X

51) lim bS:1
) o sin’ x
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mYX+3=2X oo 2 52) Iirrll(l—x)tan%x pS:2/ 7z

-1 tan(x—1)

34) lim(1+cos2x)tgx DS:0

X—>=
2

SIn (6— Xj
35) lim———~ Ps:1/+/3

H% 1-2sinX

36) lim \/EsTx—l
H,Zcos -1

PS:-1/2

37) ||m; DS:0
X7 7 cOoS X —tan x

38) lim =Y pg. 17

Hlx —4x+3

. V3
sin (4— xj
39) I|m bS: 1

1 \/_smx
61) lim J1+sin x —+/1—sin x DS 1
x=0 tan x
3
62) lim——U X _ pg. 3

H,2 cot x —cot® x

33 —1+2x% +1

53) lim bS:4
x>0 1-cosx
X2
54) lim bS:4/3

x>0 1+ Xsin X —+/CoS X

J1+5in 2x —+/1—sin 2x

55) lim bsS:2
x—>0 X
56) lim Y22 X “COS PS:-1/12

x—0

- 2 -
57) lim 2sin“ x+sinx-1 DS:-1
x>0 2sin? x —3sin x+1

58) "”3 1-cos x.cogZx.cos3x DS-7
X—> X

1—C0S X.COS 2X.C0S 3X...C0OS NX
2

59) lim

x—>0 X

bS:n(n+1)(2n+1)/12

7T COS X
COS( 2 j
60) lim———= 2 PS: 0

x>0 sin(tan x)

DS:3/2

63) lim 1—c0s X~/c0s 2x3/cos 3x

HO 1-cos2x

Bai 8: Tim cac gigi han sau: (giéng giéi han day sé chia cho mii cao nhét, nhan lién hep,

dit nhan tir, dau gia tri tuyét doi)
1) lim(3x®-5x*+7) bS:—o

X—>—0

2) lim(2x® —3x) bS:+o0

X—>+00

3) lim(2x®-3x) DS:+w

X—>to0

4) lim y2x* =3x+12 DS: 400

X—>+00

5) lim ¥x*—3x+4 BS:+w

X—>to0

. x*-5
6) Ilim
) X—>+00 X2+1

PS: +oo

22) lim—X+2_

I +2x2 +x

bS:-1;1

23) lim bS:1
X—>—00 2X_2
2
23) Ilmx;zx bS: to0

x>-2 x> +4X+4

24) lim| — 2 24 g o
o1 (x=1)% 2x-3

25) lim > bS: —o0
-1 (X =1)(x* =3x+2)
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3 _ . (1 1
7) lim 2 =X ps: o0 26) Ilm(———zj.BS: o
X—t0 X2 42 =0\ X X
. 2x+1 4
8) lim bs:2 27) lim -1 ps: 4oo
o X-1 )i X3 —2x% +x
.3 -2x° 1 1
9) lim———— bS:+x i _ .
) x>0 5x* + x+4 28) XILn;(X_z x2—4j DS —eo
. X +1 2
10) |Im—2 bS:-1/5 20) lim X" +1 PS:1/2
113X =5x ), 2x°-x+1
: 3x(2x* -1) 2
11) lim DS:6/5 Lo 2X—x+l
X—>—00 (5)(_1)()(2 +2x) 30) xILrl]o X_2 BS—OO,+OO
. 1 2
12) lim 2222 pg;o 31) lim —2X "1 ps:0
x+e X5 4+ X +1 x>0 X3 — 3% + 2
2 2
13) lim ¥+ b or3: 213 32) lim XX E2X 43+ X+ pyo 15
x>» 3x—1 o JAX% +1+2-X
WXt =x Jax? — _
14) lim DS: o0 33) lim Y3 Z2XHIH 27X poa s
— X o= J9x® —3x +2X
15) lim XXt x PS:-2 _(2x=1)4/x* -3
X—>—00 X+10 34) lim > bS:2/5
X0 X —5X
2
16) lim VX —3X+2X PS:1/3 35) i VX% +2x +3x 5S4
X——0 3x-1 m > :
o0 JAX2 41— X+ 2
2
17) lim YX 3XH 234 5o 4013 36) 1im X=*2 b o0
o JAx? +14+1-X TS it
. X 2 _
18) lim (x+5),[ -z PS:I 37) lim 2X X710 g
X—>+00 9—-3x
V2X2 —Tx+12 4_y3
19) lim 2 pSi21/3 38) lim X=X+ o
X0 3|X| =17 X—>+0 2X—7
6 2
oAx 40) lim X EAXCEXZ2 by
20) xll)r—rlo X+ 4 bS:—o ) X——o (X3 +2)2
4 2
21y lim Y2 X L e
X—>+00 1-2X

39) lim L0 B+ o
x> (2-X)(3—x)"(4—X)
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Cau 9: Tim cac giudi han sau: (giéng giéi han day sé chia cho mii cao nhit, nhan lién
hop)
1) tim (V¥ +x +x—x) PS: 1/2 nhan xét v& sy ton tai cua gioi han lim f (x)

X—0

.bS: -2;2

14) lim (3x+2—\/9x2+12x—3) PS: —u0:0

X—>too

15) lim (2x—1— 4x2—4x—3) pS: 0

X—>+0

o 16) Ilm( X2 —3X+2+ X~ 2) bS: +0
5) lim x2+1—x) bS: 0 o

o 17) lim (X =3x+2.+x-2) BS: -1/2
6) lim (vVx*-2x+4 x) DPS: +o0;-1 B

o 18) Ilm( X2 —3X+2+X— 1)DS 1/2;+o0
7) XILTO(M—\/E) pS: 0 o

19) lim (\/x2+2x 2% +x+x) bS: 0
8)XILrRO(\/x2—4x+3—\/x2—3x+2)DS: o
2 3/y3 .

. 20) XILer(\/ +1-3/x —1) pSs: 0

9) Iim; bs: 2 21) I| (\/x+ \/_j bS: 1/2
> x4+ x+1-X

10) lim (mﬂ() PS: 400 22) Xlirpw(§/2x—1—§/2x+1) PS: 0
11) lim X(ﬁ+ x) PS: ~1/2;+o0 23) XIi%r13(3(3/3X3—1+\/x2+2) PS: —o
12) lim (M+ x—1) bS: _1 24) 1im \/x (Vx+3-/x~1) BS: 2
13) Cho f(x):\/x2+2x+4—x/x2—2x+4. 25) lﬁ‘l(m‘x) bs: 2

Tinh gigi han lim f (x)va lim f(x),trdo  26) Iim(%/x3+x2+1—3/x3—x2+1)DS: 2/3

X—>—00 X—>+00

Cau 10: Tim céc gidi han sau:

a. lim«/x-1 b. Iim(v\/5—x+2x) C. IimL

x—1 X—5" x-1t X =1
. X . Al-x+x-1

d. lim—— e. lim———————
x—1" X—l X—1" ’XZ _X3

PS:a.0; b. 10;¢c. 4o0;d. —0; e.0
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Cau 11: Tim céc giGi han sau néu co

x—=2" X — X—2"

PS:a.3;b. -3;c. ko xd

b. lim ==

Cau 12: Tim cac gisi han sau: (Dé y dén dau cac biéu thic tir va mau khi tinh gioi han nay)

1) lim 2 15

x—2" X —

PS: -0

2 lim X212

Xx—2" X —

PS: +o0

_ 2
3) lim %BS:—@

x—3" X —

PS: +oo

2_
4y tim XX =4

x—=2" X — 2

2
5) lim—— " Ps:
)HZ*ZX —5x+2 /3
6) lim 12"

—— 1 PS:-1/3
x>2" 2X* —5X + 2 Yy

2_
7) lim =2
-2~ 3X+1

3x-1

PS:0

8) lim

x—2"

PS:5/2
9) I|m|x ]4 bS:1

x-1" X—=1

10) I|m| ]JDS -1

x=>17 X —
11) lim XX % X ps: 12
x—0"
12) lim ——bS:-1;1
X0 \/4x +x°
2_
13) lim X =33 ps. o
X—2" X—2
2_
14y 1im X233 g yoo
x—2* X—2

15) lim x=3 bS: —o0;0

x—>4* X— 4

2_
16) lim © =3**3 pg; o0
X2 X"+ X—2
2_
3x+3 D

17) lim R

xez+ X

18) lim X2 53;(X+4 pS:/3/3

x—1" )( —

19) Ilm[ /1_Xj PS:0;0
x—0* X

2 —
20) lim XX +X=2

x—1* Xx—1

S: —

bS: +oo
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Cau 13: Tim c4c gigi han mot bén cua ham s6 tai diém duogc chi ra: (Giéi han mot bén tién

t6i 1 s6)

2
9-X" hi x<3
1) f(x)=< x-3
1-x

Khi x> 3 tai x=3 BS: -6; -2; ko xd

X2 —2x
B¢ khi x>2

x*—16 khi x<2
X—2

2) f(x)= tai x=2 BS: -1/6;32; ko xd

x*—3x+2
x2 _1 khi x>1
X khi x<1

2

\/1+x -1

w1 khi x>0
4) f()=qVitx-1 tai x=0 DS: 3/2;3/2;
) F(x) i <o 1 X=0 DSt 3/2;3/2;3/2

3) f(x)= tai x=1DS: ~1/2;-1/2;-1/2

3
2

Cau 14: Tim gia tri cia m dé cac ham sé sau c6 giGi han tai diém duoc chi ra:

3
X1 i x<1
1) f(x)=9 x-1

mx + 2

tai x=1PS: m=
khi x>1 @ X=1DbSim=1

X+m .
khi x<0
2) f(X)=9x%+100x+3 Khi X>0tal x=0 bS: m=1

X+3

X+3m khi x<-1
) ) tai x=-1DBS: m=2
X°+X+m+3 khi x>-1

3) f(x):{

L3 whi x>l
4) f(x)=9 x-1 x*-1 tai x=1DS: m=Lm=2

i x<
m?x% —3mx+3 khi x<1
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DANG 3: HAM SO LIEN TUC VA CHUNG MINH PHUONG TRINH CO NGHIEM
Cau 1: Xét tinh lién tuc cua ham sé tai diém dugc chi ra:

X+3 whi x#1

1 = — i =—1DS: LT
) (%) if khiXzltalx 1 PS

NX+3-2

1 khi x=1

2) 100= khi x=1

tai x=1DS:LT
1
4

x> —x—6
11 khi x=2
3

1-V2X=3 1hi x=2

f(x)= — i =2 :
4) (¥ 2-X i o @ X =2DSILT

3) f(x)= tai x,=2 DS: LT

2 3
5) f(x)= T X#2 i x=2 PS: LT
B X_i”z khi x=2 & "TEE>

6)

2_ khi x<1
f(x):{x Sx+4 tai X, =1DS: KLT

2x—3 khi x>1

2

4=X" khi x<2

7 f(x)=49 x-2 chi yo o @ X, =2 DS: KLT
1-2x

X+ — )
2 khi x<0

) tai X, =0DS: LT
Jx+1-1 khi x>0 & %

M+x-1

8) f(x)=

TTan955|
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khi x<5

1-cosx khi x<0

khi x>5
9) f(x)= 1\/2x —3 Y X=5 PS: LT

10) f tai x=0 BS: KLT
) 1= Jx+1 khi x>0 X
—— khi x<1
11) f(x) = «/ -x-1 Khi X>1tai Xx=1DS: LT

—2X
Cau 2: Tim m, n, a dé ham s6 lién tuc tai diém duoc chi ra:

X —x?+2x-2 Khi x =1
1) f(x)= x—1 hi letai X=-1DS: m=0
3X+m

X’ +2X 3 khi x=#1

2) f tai X,=1DS: a=
) f(x)= chi x—p @ %o a="5/2
3) f ki X<l i x=1Ps: m=2
) (X_me3khlxlalx_ :m=
x2+2x—1 khi x<1 |
4 = X,=1DbS: a=2
) { 2x+a khi x>1 tal %
V1= X —+1+X
5) f(x)= X i X<0ti X, =0 PS: a=-3
- A_y  khi x>0 © 0T EYET
a+——
X+2
33x+2-2
6 f)=] X-2 X2 2bsa0
B 1 khi x<2 &7 T
ax+Z

Cau 3: Xét tinh lién tuc ctia cac ham sb sau trén tap xac dinh cua ching:
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1)

2 _3y_7 khi x<-2
1=(x):{X =T pS: LT /0]

1-x  khi x>-2

x*—3x+4 khi x<?2
2) f(x)={ 5  khi x=2 DS:KLT tai x=2
2Xx+1  khi x>2

X34+ x+2
34+1 khi x=-1
4 khi x=-1

3

3) f(x)= pS: LT /0]

X =4 \hi x%-2
H 10={x32 DS LT/
4

N

khi x = /2
5) f(X)=4x-+2 " iﬁDS: LT /0]
2z XEN2

x? +3x-10
2
X“=4  yhi
2X+3

X+ 2
3x-4

X<2
khi 2<x<5 DS:KLT tai x=5
khi x>5

6) f(x)=

Cau 4: Tim céc gié tri cia m dé cac ham s sau lién tuc trén tap xac dinh cta ching:

2
X =X=2 vhi x£2

1) f(x)=9 x-2 . bS: m

khi x=2 3

x?+Xx khi x<1
2) f(x)={ 2 khi x=1DS: m=1
mx+1 khi x>1
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X2 —x®+2x-2 Khi x =1
3) f(x)= X1 iy g PS:m=0
3X+m

x?  khi x<1

4) f(x)= bS: m=2
) 1) {me_g khi x>1

Cau 5: Chang minh rang cac phuong trinh sau luén cé nghiém:

a) x*-2x-7=0 DS: f(x) liéntyctrén 0 va f(0).f(3)<0

b) x°-x*-1=0 BS: f(0).f(1)<0

c) X’ +x°+x+2/3=0BS: f(-1).f(0)<0

d) x*-6x*+9x-10=0 DS: f(0).f(5)<0

e) x*+9x*+x+2=0 bS: f(-3).f(0)<0

f) cosx—x+1=0 bS: f(0).f(3)<0

g) x°-3x+3=0 BS: f(-2).f(0)<0

h) x°+x-1=0 bs: f(0).f(1)<0

) x'+x*-3x*+x+1=0 PS: f(-2).f(0)<0
Cau 6: Ching minh rang phuong trinh

a) x*—3x*+3=0 c6 3 nghi¢m trong khoang (—1;3)
bS: f(-1)<0; f(0)>0; f(2)<0; f(3)>0

b) 2x*-6x+1=0 c6 3 nghiém trong khoang (—2;2)
bS: f(-2)<0;f(0)>0;f(1)<0; f(2)>0

c) x*+3x*-3=0 c6 3 nghiém trong khoang (—3;1)
bS: f(-3)<0; f(-2)>0; f(0)<0; f(1)>0

d) x*—3x*+1=0 c6 3 nghiém trong khoang (—1;3)
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bs: f(-1)<0; f(0)>0; f(1)<0; f(3)>0
e) 2x*+3x—4=0 c6 2 nghiém trong khoang (-3;1)
bs: f(-3)>0;f(0)<0; f(1)>0
f) x°—5x*+4x—1=0 c6 3 nghiém trong khoang (0;5)
bS: f(0)<0; f(4/2)>0; f(1)<0; f(5)>0
g) x°-5x°+4x-1=0 c6 5 nghiém trong khoang(—2;3)
bS: f(-2)<0; f(-3/2)>0; f(0)<0; f (1/2)>0; f (1)<0; f(3)>0
Cau 7: Chang minh rang cac phuong trinh sau ¢ 3 nghiém phan biét:
1) x*-3x+1=0BS: f(-2)<0;f(0)>0;f(1)<0; f(2)>0
2) xX*+6x’+9x+1=0DS: f(-4)<0; f(-3)>0; f(-1)<0; f(0)>0
3) 2x+631-x=3 PS: f(-7)<0; f(0)>0; f(1)<0; f(9)>0
Cau 8: Ching minh rang cac phuong trinh sau ludn c6 nghiém véi moi gié tri caa tham sb:
1) m(x-1)°’(x-2)+2x-3=0 PS: f(1).f(2)<0
2) x*+mx*-2mx-2=0 bS: f(0).f(2)<0
3) a(x—b)(x—c)+b(x—c)(x—a)+c(x—a)(x—b)=0
HD: Xét4 TH: a<b<c<0; a<b<0<cg;...

4) x>—mx+m-—4=0 HD: St dung gisi han
5 mx®—-5x+2=0 HD: St dung giéi han

f(x
Khi m=0 pt ludn cé nghiém. Khi m=0. bat f(x):Vt. Khi @6, lim L=ioo nén luén co 2

X—>to0 m

sbabdé f(a)/mf(b)/m<0 nén pt ludn cé nghiem
6) (1—m2)(x+1)3+x2—x—3=0 HD: St dung giGi han

7) cosx+mcos2x=0 DS: f(z/4).f (37/4)<0
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8) m(2cosx—\/§):25in5x+1 bS: f(-z/4).f (7/4)<0
9) m(x-1)*(x+2)+2x+3=0 BS: f (1).f (-2)<0
10) (m* +m+1)x* +2x-2=0 BS: f (0).f (1)<0
Cau 9: Cho f (x)=ax’+bx+c thoa min: 2a+3b+6c=0
a) Tinhab,ctheo f(0),f(1),f(1/2)
b) Ching minh rang basé f(0), f (1), f (1/2) khdng thé ciing dau
c) Ching minh phuong trinh ax? +bx+c¢ =0c6 nghiém trong (0;1)
Cau 10: Chirng minh cac phuong trinh sau luén c6 nghi¢ém:
1) ax’+bx+c=0 véi 2a+3b+6¢c=0
2) ax’+bx+c=0 voi a+2b+5c=0 bS: f(0)+f(1/2)=0
3) x®+ax®+bx+c=0 HD: St dung gigi han
Cau 11: Cho 3 s6 a, b, ¢ khac nhau .
Chirng minh réng phuong trinh (X—a)(x—b)+(x—b)(x—c)+(x—c)(x—a)=0
Co0 2 nghiém phan biét.
bs: f(a); f(b);f(c). Giasra<b<c.
Thi f (a)>0; f (b) <x* =3+x>23x < x* >12x <> X" 212> 0; f (¢) >0 nén pt ludn c6 2

nghiém.

L N 1
Cau 12: Ching minh rang phuong trinh: ax® +bx +c¢ = 01udn c6 nghiém X € [O;é}

Véi a=0 va 2a+6b+19c=0 bS:  f(0)+2f(1/3)=0
Cau 13: Cho phuong trinh x*—x—3=0. Chang minh rang: phuong trinh c6 nghiém
X €(L2)va x, > T2
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CHUYEN PE 5: PAO HAM — TIEP TUYEN
( Bai tdp vé nha tir ngay 1/02 dén ngay 22/02/2018)
A.LY THUYET CO BAN
1. Binh nghia dao ham

+ Cho ham s6 y =f (x) xéc dinh trén khoang (a;b) chura X,

F (x,) = lim = )= (%)

x—Xg X—X,
+ Néu ham s6 y =f (x)co dao ham tai X, thi ham s6 lién tyc tai diém d6

2. Y nghia ctia dao ham

+ k=f'(x,) lahe sé goc cua tiép tuyén cua do thj ham s6 y=F(x) tai M(X,;Y,) V6i
Yo =F(X,)

+ Phuong trinh tiép tuyén tai M(Xy;y,) 18 y=F"(X,)(X=%,)+Y,

3. Qui tic tinh dao ham

+(C)'=0; x'=1 (X")'=nx"" véi moi s6 thyc m

+ (Uu+v)'=u+v' (uv)'=u'v+v'u; (Ej :(M); (ku)'=ku';
1) v

(;j :7(V¢0)

+ Pao ham cua ham hop: Néu u(x) c6 dao ham theo x 1a u’(x) va ham s y:f(u) c6 dao

ham theo u 1 f'(u) thi ham sé y:f(u(x)) c6 dao hamtaix la y'=f '(u).u'(x)

4. Dao ham caa ham sé luong giac

+ Gi6i han co ban lim "X Z1
x—0 X
1 " _ . L . [ . [ 1
+ (sinx)'=cosx; (cosx)'=—sinx; (tanx) =y (cotx) =Ty

5. Viphéan
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+ dy =y'dx
+ £ (X, +AXx) = f (X, )+F'(X).Ax

6. Dao ham cép cao y!" = [y(”‘l)] véi n>2

7. Phuong trinh tiép tuyén tai diem M(X,;y,) 1a d:y=f"(X,)(X—X,)+Y,

a. Viét phuong trinh tiép tuyén song song voi duong thang Ay =ax+b

+ Goi tiép diem 1a M(X,;Y,)
+ Heé sb goc tiép tuyén la k=f'(x,)=a

+ Tim X,,Y, roi suy ra phuong trinh tiép tuyén

b. Viét phuong trinh tiép tuyén vudng goc vaoi duong thang Ay =ax+b

+ Goi tiép diem 1a M(X,;Y,)

+ Hé s6 goc tiép tuyén la k =f'(x,) = _;1

+ Tim X,,Y, roi suy ra phuong trinh tiép tuyén

B.BAI TAP

DANG 1: PAO HAM

Cau 1: Cho hamsé y =2x*—3x+1. Tinh y'(1)
Al B.-1 C.0

Cau 2: Cho ham sé y =2x°—3x* +1. Tinh y'(-1)
A.0 B.12 C.6

Cau 3: Chohamsb y = 2x _11. Tinh y'(1)

Al B.—-1 C.3

Cau 4: Cho ham s y =3vx+1+4+/3-x . Tinh y(;—;j

D.2

D.1
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A. > B. 1 C.0 D.1
2 2
; 1
Céu 5: Chohamso y=——.Tinh y"(2
y 2xX -3 y ( )
A. -4 B. 4 C.-8 D.8
CAau 6: Tinh dao ham ciia ham s6 y = x° —§+2
X
A. y':3x2+i2 B. y':3x2—i2 C. y':3x2—£2 D. y':3x2+£2
X X X X

Cau 7: Cho ham sé y = gx& . Chon biéu thic déing véi moi X >0

A. 2xy'-3y=0 B. 2xy'+3y =0 C. 3xy'-2y=0 D. 3xy'+2y=0

Cau 8: Tinh dao ham ciia ham s y = x*(x* -1)(x* - 4)

A. y'=5x>-12x% +4x B. y'=6x"-16x®+8x
C. y'=6x>—20x°+8x D. y'=6x>—15x° +8x
Cau 9: Tinh dao ham cua hamsé y = ;(—Jrf
. 3 . 4 . -4 , -3
A y = 2 B y = 2 C y = 2 D y = 2
(1-x) (1-x) (1-x) (1-x)
2
Cau 10: Tinh dao ham cép hai cia ham sé y = 2"~ 4x
X+1
.4 .12 Y. -
A.y= 3 By: 3 Cy: 3 Dy: 3
(x+1) (x+1) (x+1) (x+1)
Cau 11: Tinh dao ham cia ham s y = (x’ +x+1)3
A. y':3(x+1)(x2+x+1)2 B. y':6(2x+1)(x2+x+1)2
C. y':6(x+1)(x2+x+1)2 D. y':3(2x+1)(x2+x+l)2
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Cau 12: Tinh dao ham cua ham sb y = (4x —x2)5

A y':—10(2—x)(4x—x2)4 B. y':10(2—x)(4x—x2)4
C. y':20(2—x)(4x—x2)4 D. y':—20(2—x)(4x—x2)4
Cau 13: Tinh dao ham ciia ham s6 y = ;2
(x* +2x)
-2(x+1 —4(x+1 2(x+1 4(x+1
T e NSV L2 R e
(x*+2x) (x*+2x) (x*+2x) (x*+2x)
Cau 14: Cho ham s yz%. Tinh gia trj cua biéu thuc P =y"(1)+y'(1)
A P=-12 B. P=30 C.P=24 D.P=24
Cau 15: Cho ham s6 y =+/2x? —5x+2 . Chon biéu thirc dung véi moi sb thuc x
A. 2y"y*=-9 B. 4y"y’=9 C. 4y"y’=-9 D. 2y"y* =9

Cau 16: Chohamsé y = (x2 —2)\/x2 +2x+3. Tinh gia trj cua biéu thiac P=y'(1).y(1)

A. P=6 B. P=8 C. P=10 D. P=12
Cau 17: Cho ham 6 y = (vL+x ++1—x) . Tinh y'(0)

A 2 B.3 C.6 D.0

) _ g Na+x? . ,
Cau 18: Chohamso y= 1 Giai phuong trinh yy'+4=0

A. x=0 B. x=1 C. x=-2 D. x=3
Cau 19: Tinh dao ham cua ham s6 y = — %

1+cosx
, 1 . 1 . -1 , 2
y'=—= _ By=—-__ Cy=—=>-_ Dy=—t=_
(1+cosx) (1+cosx) (1+cosx) (1+cosx)

Cau 20: Tinh dao ham cua ham sé y = x cos 2x
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A. y'=sin2x—Xxcos 2x B. y'=c0s2x —xsin 2x

C. y'=sin2x —2xc0s2x D. y'=co0s2x —2xsin 2x
Cau 21: Tinh dao ham caa ham sé y =sin® 2x

A. y'=3sin® 2x cos 2x B. y'=6sin?2xcos 2x

C. y'=-3sin’ 2x cos 2x D. y'=-6sin®2xcos 2x

Cau 22: Cho hamsd y = tan3(2x+gJ . Tinh y(%)

A. 36 B. 48 C.54 D. 72

Céau 23: Tinh dao ham ciia ham sé y = xsin 2x —x” tan x

2

A. y'=sin2Xx +2Xc0s2X —2x tan X +

cos’ x

2

B. y'=sin2x+2xc0s2X —2Xtan X ———;
Cos” X

2

C. y'=sin2Xx+2xXC0s2X +2X tan X ———
COs” X

2

D X
D. y'=sin2x +2X€0s 2X + 2X tan X + —;
COos” X

Cau 24: Cho ham sé y =sin® X +cos 2X . Giai phuong trinh y'=1

A. X :§+kn, k 1a s6 nguyén B. X =k, k 1a s6 nguyén

C. x=—§+kn,klasé nguyén D. x=%+kn,klas€3 nguyén

Cau 25: Cho n la sé nguyén duong. Tinh dao ham caa ham s y =sin" x cosnx
A. y'=nsin"" xcos X cosnx —nsin nx.sin" x
B. y'=nsin"" X cos X cosnx +nsinnx.sin" x

C. y'=-nsin"" X cosx cosnx +nsinnx.sin" x
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D. y'=-nsin""xcosxcosnx —nsinnx.sin" x

Cau 26: Cho hamsb f(x)= 5);_1. Tap nghiém cua bat phuong trinh f(x) <0 Ia
X
A O B. 1 \{0} C. (—=;0) D. (0;+)
A 5 s A 2—X
Céau 27: Bao ham cua hamso y =
3x+1
. = , 5 , -7 , 5
A y'= B.y'= 5 C.y'= ~ D.y'=
3x+1 (3x+1) (3x+1) 3x+1
A A ) A X -3x+4 C iR N
Cau 28: Pao ham cua ham s6 f(x)= tai diem x=-1 &
2x+1
A. X:—l—1 B.l C.-11 D. —E
3 5 9
~ R , R z X+9 .42 N
Cau 29: Pao ham cua ham s6 f(x)= —3+\/4x tai diem x =1 1a
X+
A -2 B. 2 c.2 p.
8 16 8 8
R .z 3X+5 X R
Céau 30: Chohamso y= . Pao ham cua ham so la
-1+ 2X
. 7 . 1 . 13 , 13
A Y=y B.y'=——7 C.y'=- ; D.y'= :
(2x-1) (2x-1) (2x-1) (2x-1)
2 —_ r
Cau 31: Chohamsé y = LXZB Dao ham caa ham sb 1a
X+
, 3 . X2 +6X+7 . X2 +4x+5 . xX2+8x+1
A y'=1+ 5 B.y'=———— LY = D.y'=—"—-
(x+2) (x+2) (x+2) (x+2)
Cau 32: Cho hamsé g(x)=(x+1)cosx. Tinh g(%}
A. B.1 C.2 D.-2

Cau 33: Cho hamsé y = x* —2x”. Giai phwong trinh y'=0
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A x=0vx==%2 B.x=0vx==1 C.x=%1 D. x=42

Cau 34: Cho ham s6 y =sin 2x —6sin x +4x . Giai phuong trinh y'=0

A x=g+k2n v x=ig+k2n, k Ia s6 nguyeén.
B. x=Kk2n v X:ig+k2n, k Ia s6 nguyén
C. x=k2n v X:ig+k2n, k I s6 nguyén

D. X:g+k2n v X:ig+k2n, k I s6 nguyén

Cau 35: Cho ham s y=x°—3(m-1)x*-6(m—2)x—9m—5. Tim gia trj cia m dé y' > 0
véi moi so thuc x.

A. 1l<m<3 B.1<m<4 C.1<m<2 D.1<m<5
Céau 36: Tinh dao ham cép ba cua ham sb y = cos 2x —sin® x

A. y? =8sin2x B. y® =12sin2x C.y®=-12sin2x  D. y® =4sin2x
Cau 37: Tinh dao ham cép ba cua ham s6 y =5x* —2x° +3x* -6

A. y? =20x-6 B. y® =60x-12 C.y®¥=120x-12  D. y® =120x-24

Cau 38: Cho ham s6 y = x cos x —sin x . Giai phuwong trinh y(3) +y'=1

A. X = J_rg+ k2w, k 1a s6 nguyén B. X = J_rg+ k2w, k 1a s6 nguyén

C. x= i%n+ k27, k la s6 nguyén D. x= i%n+ k2w, k 1a s6 nguyén
Cau 39: Chohamsé y = :—j Tap nghiém cua bat phuong trinh y"<y'y

A. (45] B. (—0;4) C. (—o0;4)U[5;+0) D. [5;+0)

Cau 40: Cho ham s y =tan 2x . Tinh y"[—gj
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A. 4 B.8 C.16 D. 32
CAu 41: Tinh dao ham cap n cua ham sb y = 1
(1+x)
n n n+l n
m _ (=1) n! m _ (1) n! m_ (1) " n! m _ (1) (n+1)!
Ay = - B.y"' = — C.y"' = . D.y" = —
(1+n) (1+n) (1+n) (1+n)
Cau 42: Tinh dao ham cap n ctia ham s y = cos 4x
Ay =4 cos(4x +n gj B. y" =—4" cos[4x +n g)
C. y" =4" cos(4x +n gj D. y" =4 cos(4x +n gj
Cau 43: Tinh dao ham cép n ciahamsé y = 2;
X +3X+2

1 1 1 1
A. y" =(-1)"n! + B. v =(-1)"n! _
yr=() (x+1) (x+2)"} yr=) (x+1) (x+2)
1 1 1 1
C. y"™ =(-1)"n! + D. y" =(=1)"n! -
y ( ) _(X+1)n+l (X+2)n+1:| y ( ) _(X+1)n+l (X+2)n+1
CAu 44: Tinh dao ham cp n cta ham s y = I=x
X+1
n n+1
A y® = 2.(-1) (r{:l)' By = 2.(-1) n:”
(x+1) (x+1)

C.y - 2.(-1)" (n+1)! D,y =
(X+1)n+l (X+1)n+1

Cau 45: Tinh dao ham cip n cua ham sé y =sin®x

Ay = 2”1sin(2x+ngj B.y"=2"" cos(2x+ngj

C. y™ =2""sin {Zx +(n —1)2} D. y" =2"" cos{Zx +(n ‘”ﬂ
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Cau 46: Cho ham s6 y =+/2x—x? . Chon biéu thtic luén dung voi 0< X < 2

A y'y =-1 B.y"y’=1 C.y'y’=-2 D.y"y’=2

Cau 47: Cho ham s6 y = xtanx . Chon biéu thirc dung véi moi x = g+ kr, k 1a s6 nguyén

A. xX’y"= —2(x2 +y2)(1+ y) B. X’y"= 2(x2 +y2)(1+ y)
C. X2y":(x2 +y2)(1+ y) D. xzy"=—(x2 +y2)(1+ y)
Cau 48: Tim gii han lim 31>
x=0 5N 2X
A. § B. g C.1 D.-1
2 5
Cau 49: Tim gi¢i han Iirrgl_cgsx
X—> X
Al B.-1 C.4 D.2
Cau 50: Tim gidi han Iimw
x>0 XSinX
A -4 B.-2 C.2 D.4
. N . (Tc+4x)2
Cau 51: Tim gigi han lim ———

H_§1+sin 2X

A.8 B. 16 C.4 D.2

Cau 52: Tim gidi han Iim(E—xjtanx
x—>§

Al B.

sin(Zx—gj
Cau 53: Tim giéi han lim——=
- J3-2cosx

N |-
O
N
O
|
H

A. 2 B.4 C.1 D.-1
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Cau 54: Cho ham sb y = cos X ++/3sin X + 2x —1. Giai phuong trinh y'=0

A x:—%n+ kr, k 1a s6 nguyén B. x:—%nJr km, K 1a s6 nguyén

C. x:%n+kn,klasénguyén D. x:%nJrkn,klasé nguyén
Cau 55: Cho ham sé y =sin® X +2¢0s X . Giai phwong trinh y'=0

A. x =k, k 1as6 nguyén B. x =g+kn, k Ia s6 nguyén

C. x =2+ kn, k Ia s6 nguyen D. x=§+kn,klasé nguyén

Cau 56: Cho ham sé f(x)=5cos’x—sinxva g(x)=sin’x. Giai phuong trinh
g'(x)=f'(x)

A. x=§+kn,klasénguyén B.x=%+kn,klasé nguyén

C. x == 1k, k 1a s6 nguyén D. x=§+kn,klasé nguyén

Cau 57: Cho ham s6 y=mx®—6x*+3mx—15. Tim gia tri cia m sao cho y' > 0 véi moi s6
thuc

A. |m|<2 B. |m|>2 C.0<m<2 D. m>2
Cau 58: Cho ham s6 y =mx’—3mx”+6(m+1)x+12. Tim gié tr cia m sao cho y' < 0 v¢i
moi sd thuc x

A m<Ovm>2 B. m<0 C. m<-2 D. 2<m<0
Cau 59: Cho ham sé y= x®—3x’+3mx —3. Tim gi4 tri cia m sao cho y' > 0 véi moi sb
thuc x.

A.m>2 B. m<1 C.mx1 D. m<2

Cau 60: Cho ham s6 y=mx’+3mx’—6(3—m)x+6m+3. Tim gid tri cia m sao cho

phuong trinh y' = 0 ¢6 hai nghiém phan biét ciing dau.
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A 0<m<6 B.0<m<3 C.m<0vm>3  D.3<m<6
Cau 61: Tinh dao ham cia ham s6 y = (x° +2) (x* ~3)
A y'=6x (x*+2) (x2-3)+2x(x*+2)  B.y'=9x?(x?+1) (x*-3)+2x(x? +1)
C.y'=6x*(x*+2) (x2-3)-2x(x?+2)  D.y'=9x*(x*+1) (x? ~3)-2x(x? +1)’

x?—3x+1
X—2
3 3 1

1 C_q 14 1
(x—2)2 B.y'=1 (x—2)2 C.y=1 (x—2)2 D.y'=1 (x—2)2

Cau 63: Cho ham s§ y=(-2x+ x+3) . He sb gc tiép tuyén tai giao diém cua db thi ham

Cau 62: Tinh dao ham caa ham sé y =

A y'=1+

s6 vai truc Oy la

A. k=-36 B. k=36 C. k=-27 D. k=27
. X+2
Cau 64: Chohamso y = . Tinh y'(0
Y= y'(0)
A. 2 B.-2 C.1 D.-1

CAu 65: Tinh dao ham cua ham sé y =sin® (%T—ZXJ
A. y =—6sin? 2™ _9x |cos| 2%~ 2x B. y=-3sin’ 27 oy |cos| 2E—2x
3 3 3 3
C. y=3sin® 2™ _ oy |cos| 2%~ 2x D. y=6sin’ 27 oy |cos| 2E—2x
3 3 3 3
A . 5 Y 1).
Cau 66: Tinh dao ham cta ham s6 y :(;Jsm X
A. y':(_—zl]sinx—(l)cosx B.y' (_—zljsinx{ljcosx
X X X
C. y':(izjsinx—(ljcosx D. y'=(i2jsinx+(ljcosx
X X X

x

x
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Cau 67: Cho ham sé y = X+ COSX ‘1inn gid tri cua bidu thac P=y? +y"
sin X —cos x
A. P=0 B.P=1 C.P=-1 D.P=2

Cau 68: Cho hamsé y=|cos x|. Tinh y'(r)

A.0 B.1 Cc.—-1 D. khéng ton tai
’ x?+1-1 0
Cau 69: Cho hamso g(x) = X X#Y Tinh gia tri caa 9'(0)
0 x=0
A.0 B.1 Cc.—-1 D. khéng ton tai

Cau 70: Cho ham s6 y = x*+3(m—1)x*+3x—9 . Tim gia tri cia m sao cho y' > 0 v6i moi
sb thuc x

A.0<m<?2 B.0<m«<l1 C.l<m<2 D.1<m<3
DANG 2: PHUONG TRINH TIEP TUYEN

Cau 1: Phuong trinh tiép tuyén cia ham s6 y = x* —3x +1 tai diém c6 hoanh d6 bang 2 Ia:

A y=x-1 B.y=-1 C. y=9x+15 D. y=9x-15
Cau 2: Mot phuong trinh tiép tuyén cua hs y = x* —4x* +2 tai diém c6 tung do bang 2 Ia:

A y=2 B. y=3x+2 C. y=16x-23 D.y=x-5

~ ~ \ e X , \ e 2X=1 ... x . > \
Cau 3: Mot phuong trinh tiép tuyen cia ham so y = ~ 2 bict hé so gbc bang -1 la
X —

A y=—x-1 B.y=-x+1 C.y=3x+1 D.y=3x-2

Cau 4: Mot phuong trinh tiép tuyén cua ham sb y = x_+; biét tiép tuyén song song Voi
X —

duong thang y = -3x+5
A y=-3x-1 B. y=-3x+2 C.y=-3x+11 D.y=-x-2

A . iy ‘ \ ; 2 .. .
Cau 5: Gia st A 1a phuong trinh tiép tuyén cta ham s6 y = 2X+ tai di€ém c6 hoanh do

X, =1. Tim tat ca cAc gié tri cia m dé A vudng goc voi duong thang

Trang 72



Dao Phuwong Thdo luyenthi-htt

A m=-1 B.m=1 C. m=5 D. m=-5

Cau 6: Mot phuong trinh tiép tuyén caa ham s y=—x°+3x—3 biét tiép tuyén vudng goc
e A 2 1
véi duong thang y = ~3 X+5

A y=3x-1 B.y=3x-3 C. y=-3x+11 D.y=—x-2
Cau 7: Cho do thj (C):y=x>—3x"+x+1. Tiép tuyén cua do thi (C) tai diém M c6 hoanh
d6 x =0 cat do thi (C) tai diém N (khac M). Tim toa do diém N

A. N(3;3) B. N(-1-4) C. N(2-1) D. N(%,0)
Cau 8: Phuong trinh tiép tuyén véi @b thi (C,)cua ham sb y=x°—1 tai giao diém cua dd
thi (Cl) voi truc hoanh co6 phuong trinh

A y=3x-1 B.y=3x-3 C.y=0 D.y=3x-4
CAu 9: Cho ham sé y =xInx+1 c6 do thi (C). Viét phuong trinh tiép tuyén vai d6 thi (C) tai
diém c6 hoanh d¢ X, = 2e

A.y=(2+In2)x-2e-1 B. y=(2+In2)x+2e+1

C.y=—(2+In2)x—2e+1 D. y=(2+In2)x—2e+1
Cau 10: Tiép tuyén tai diém cuc tiéu cua dd thi ham sb y =%x3 —2x%+3x -5

A. Song song véi dudng thang X =1 B. Song song vaéi truc hoanh

C. C6 hé s6 goc duong D. C6 hé sb goc bang — 1
Cau 11: Cho ham s6 y=x*—3x*+3 c6 dd thi (C). Goi M(X,;Y,) va N 1a hai diém thuoc
(C) @di xing véi nhau qua goc toa do. Hé sé gac tiép tuyén tai M va N la

A. 13 B. 9 C.—3vag D.6val2

X% +3x
2

Cau 12: Cho ham sb y = ¢ do thi (C). Viét phuong trinh tiép tuyén vai (C) song

(x+1)

song vai truc Ox.
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A y=0 B.y=-2 C.yzg D.y=1

. x—1)° 3 . a2 Lo
Cau 13: Cho ham so y:( 1) c6 do thi (C). Gia st M, N 1a hai diém thuoc (C) cb céc
X+

hoanh d6 déu Ia nghiém cua phuong trinh y' = 0. Viét phuong trinh dudng thiang d di qua M,
N.

A. d:y=2(x-1) B. d:y=2(x-1) C.y=x-1 D.y=x+1
Cau 14: Cho ham sé y=x>—-3x*+2 ¢6 d6 thi (C). Viét phuong trinh tiép tuyén véi (C) tai
diém c6 hoanh do x, =1

A. y=3x-3 B. y=3-3x C.y=3x+3 D. y=9x-9
Cau 15: Cho ham sé y=x>—3x*+2 ¢6 db thi (C). Viét phuong trinh tiép tuyén véi (C) biét
tiép tuyén c6 hé s6 goc 1a 9

A. y=9x-18 hoac y=9x+18 B. y=9x-14 hoac y=9x+18

C. y=9x—-14 hoac y=9x+14 D. y=9x-22 hoac y=9x+14

Cau 16: Cho ham sb yzix—ﬂ. Viét phuong trinh tiép tuyén song song véi duong thang
—X

Aty =x+2018
A. y=x+2 hoac y=x-8 B. y=X hoac y=x-8
C. y=x+1hoac y=X D. y=x+1hoac y=x-9

Cau 17: Cho ham s y=—x>+3x° +6x . Viét phuong trinh tiép tuyén vudng goc véi duong
thing A:x—3y=0

A. y=-3x+1 hoac y =-3x+27 B. y=-3x-5 hoac y=-3x+27

C. y=-3x-5 hoac y=-3x-9 D. y=-3x-1 hodac y=-3x-9
Cau 18: Cho ham s6 y =x*—2(m+2)x+3(m+8) c6 do thj (C). Tim gia trj cua m sao cho
(C) tiép xtc vai tryc hoanh

A.m=4vm=-5 B m=2vm=-6 C.m=3vm=-+4 D.m=6vm=-2
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Cau 19: Cho ham sé y=—x>+3x*—2. Viét phuong trinh tiép tuyén cua dd thi ham sé sao
cho tiép tuyén co hé sé goc 16n nhat
A y=-2 B.y=3x-3 C.y=3x+3 D.y=3x-1

CHUYEN DE 6: PHEP BIEN HINH
Cau 1: Cho V(-15) va M’(4;2). Biét M’ Ia anh cua M qua phép tinh tién T,. Khi dé
A. M(3;7) B. M(5;-3) C. M(3-7) D. M(—4;10)
Cau 2: Trong mit phang cho V(-1;3) va M’(-2;5). Biét T, (M)=M" khi d6
A. M'(-L-2) B. M'(-2) C. M'(-3;8) D. Pap 4n khac

Cau 3: Cho ¥(3;3) va duong tron (C):x*+y” —2x+4y—4=0. Anhcua (C) qua T, 1a

A (x—4) +(y-1)° =9 B. (x—4)" +(y-1)" =4

C. (x+4)" +(y+1)'=9 D. X +y?+8x+2y—4=0
Cau 4: Hinh gém hai dwong tron cd tam va ban kinh khéac nhau cé bao nhiéu truc di
xang ?

A. Mot B. Hai C.Ba D. V0 sb
Cau 5: C6 bao nhiéu phép tinh tién bién duong thang d cho trudc thanh chinh nd

A. C6 v sb phép B. Khéng cd phép nao

C. C6 mot phép duy nhat D. Chi c6 hai phép

Cau 6: Cau nao sai day la sai
A. Phép tinh tién 1a phép doi hinh
B. Phép ddi xtrng truc 1a phép doi hinh
C. Phép quay, phép ddi xang tam 1a phép doi hinh
D. Phép vi tu la phép doi hinh
Cau 7: Hinh gém hai duong tron phan biét co cing ban kinh ¢ bao nhiéu tim déi xang
A. Mot B. Hai C. Khéng c6 D. V6 s6

Cau 8: C6 bao nhiéu phép tinh tién bién mot dudng tron cho trudc thanh chinh né ?
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A. Mot B. Khong c6 C. Hai D. V0 s6
Cau 9: Trong mat phang toa do Oxy néu phép tinh tién bién diém A(3;2) thanh diém
A’(2;3) thi né bién diém B(2,5) thanh
A. B'(5;5) B. B'(5,2) C. B'(11) D. B'(16)
Cau 10: Trong mat phang Oxy cho diém M (2;3). Hoi trong 4 diém sau diém nao 1a anh
ciia M qua phép ddi xang qua truc Ox
A. A(3;2) B. D(-2;3) C. B(2-3) D. C(3;-2)
Cau 11: Trong c4c ménh dé sau, ménh dé nao diing
A. C6 phép dbi xirmg tam c6 hai diém bién thanh chinh n6
B. Phép ddi xirng tdm c6 dung mot diém bién thanh chinh n6 .
C. C6 phép d6i xtng tam cd vo sb diém bién thanh chinh né
D. Phép d6i xtng tam khong c6 diém nao bién thanh chinh n6
Cau 12: Phép vi tu tam 1(-1:2) ti s6 3 bién diém A(4;1) thanh diém c6 toa do :
A. (16;1) B. (14,1) C. (6;5) D. (14;-1)
Cau 13: Cho v(—4;2) va dudng thing A:2x—y—5=0. Hoi anh ciia A qua T, Ia
A. 2x-y+5=0 B. x-2y-9=0 C. 2x+y-15=0 D. 2x-y-15=0
Cau 14: Cho tam gidc ABC c6 A(2;4), B(5;1), C(-1;,—2). Phép tinh tién bién AABC thanh
AA’B’C’. Toa d6 trong tdm cta AA’B’C’ 1a
A. (—4;2) B. (-4,-2) C. (4-2) D. (42)
Cau 15: Biét M’(-3:0) la anh caa cua M(1;-2) qua T-,M” (2;3) la dnh cia M’ qua T;. Toa

do u+v="2
A. (3-1) B. (-13) C.(-2-2) D. (15)
Cau 16: Cho dudng tron tdm O va hai ddy AB va CD song song vai nhau. Phép ddi xirng
truc bién A thanh B, bién C thanh D c6 truc dbi xtng 1a duong thang
A. buong kinh cua (O) song song voi AB B. Buong kinh caa (O) vudng goc vsi AB
C. buong kinh caa (O) vudng goc vai AC D. buong kinh cua (O) vubng goc vaoi BD
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Cau 17: Trong mat phang cho tam giac ABC. Goi M, N, P lan luot 14 trung diém cua
AB, BC, CA. Khi d6 phép tinh tién theo vecto
A. B. C. D.
Cau 18: Trong mat phang cho tam giac ABC. Goi M, N, P lan luot 14 trung diém cua AB,

BC, CA. Khi d6 phép tinh tién theo vecto U = %A—C bién

A. M thanh B B. M thanh N C. M thanh P D. Mthanh A
Cau 19: Phép bién hinh nao sau day khong c6 tinh chat: “ Bién mot duong thang thanh
duong thang song song hozc tring véi no”

A. Phép tinh tién B. Phép ddi xitng tru  C. Phép ddi xing tam D. Phép vi tu
Cau 20: Trong c4c ménh dé sau, ménh dé nao ding

A. Phép vi ty la mot phép doi hinh

B. C6 mot phép ddi xang truc 1a phép dong nhat

C. Phép ddng dang la mot phép doi hinh

D. Thuc hién lién tiép phép quay va phép vi tu ta dugc phép ddng dang
Cau 21: Cho d:2x+y—3=0. Phép vi tu tdm O ti s6 2 bién duong thang d thanh

A. 2x+y+3=0 B. 2x+y-6=0 C. 4x+2y-3=0 D. 4x+2y-5=0
Cau 22: Phép vi tw tam O(0,0) ti 6 -2 bién duong tron (x —1)° +(y—2)° =4 thanh

A (x-2)" +(y-4)" =16 B. (x—4)"+(y-2)" =4

C. (x—1)2+(y—2)2=16 D. (x+2)2+(y+4)2:16
Cau 23: Cho dudng thiang d c6 phuong trinh: x+y—2=0. Phép hop thanh caa phép ddi
xtng tam O(0,0) va phép tinh tién theo v(3;2) bién d thanh duong thang

A x+y-4=0 B. 3x+3y—-2=0 C. 2x+y+2=0 D. x+y-3=0
Cau 24: Cho d:2x—y =0, phép dbi xing truc Oy bién duong thing d thanh

A. 2x+y-1=0 B. 2x+y=0 C. 4x-y=0 D. 2x+y-2=0
Cau 25: Cho hinh vuéng ABCD tam O . Goi M,N,P lan luot 1a trung diém cta cac canh
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AB, BC, CD, DA. Phép doi hinh nao sau day bién AAMO thanh
A. Phép tinh tién vecto B. Phép dbi xtrng truc MP
C. Phép quay tdm A gbc quay D. Phép quay tdm O gdc quay
Pé chung cho cau 26, 27, 28
Cho tam gidc ABC déu, c6 cac dinh vé theo chiéu duong. Trén duong thang BC lay 2

diém E va F sao cho % =-2 va % =2. Goi M la diém di dong trén canh BC va M’ trén
canh AC sao cho BM=2CM'.
CAu 26: Phép bién hinh nao bién diém M thanh diém M’

A. Phép doi hinh B. Phép dong dang

C. Phépvity D. Khdng phai ba dap an trén
Cau 27: Goi f la phép bién hinh bién diém M thanh diém M’. Tam cua fnéu c6 la

A. Tam caa duong tron ngoai tiép tam gidc ABC

B. Giao diém cua cung I6n BAC va dudng tron, duong kinh EF

C. Giao diém cua cung nho BC va duong tron, duong kinh EF

D. Tam la mot diém khac
Cau 28: Goi O 1a phép quay duong tron ngoai tiép tam gidc ABC, tam giac ABC bt bién
trong phép quay nao

A. Q(O;gj B. Q(O;Z?nj C. Q(O;Tc) D. Ppa an khac

Cau 29: Cho luc giac déu ABCDEF tdm O. Phép bién hinh nao bién tam giac ABF thanh
tam giac CBD

A. Quay tdm O goc quay B. Quay tam O gdc quay

C. Phép tinh tién theo vecto D. Phép dbi xtng qua dudng thang BE
Cau 30: Chon ménh dé sai

A. Phép tinh tién bién duong tron thanh duong tron c6 ciing béan kinh

B. Phép vi tu bién dudng thang thanh duong thang song song hoic triing véi nd
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C. Phép quay goc quay 90°bién dudng thang thanh dudng thang song song hoic tring voi
né

D. Phép quay goc quay 90° bién duong thang thanh dudng vudng goc véi nd
Cau 31: Trong cac ménh dé sau, ménh dé nao sai ?

A. Hinh gdm mot duong tron va mot doan thang tuy y cd truc ddi xang

B. Hinh gém hai duong tron khdng bang nhau cé truc dbi xing

C. Hinh gdm mat dudng tron va mot dudng thang tuy y c6 truc dbi xing

D. Hinh gom mét tam giac can va duong tron ngoai tiép tam giac do ¢ truc dbi xirng
Cau 32: Trong mit phang, hinh nao dudi day c6 vo sb tam ddi xung

A. Hinh tron B. Puong thing

C. Hinh da giac 16i ¢6 s6 canh la 1¢ D. Hinh tam giac déu
Cau 33: Trong mat phang, hinh nao dudi day c6 vo sb truc ddi xang

A. Hinh tron B. Hinh vuéng

C. Hinh da giac 16i ¢ sb canh la & D. Hinh tam giac déu

Cau 34: Hinh chit nhat c6 bao nhiéu truc dbi xirng

A. Khéng cé B.4 C.1 D.2
Cau 35: Hinh tam giac déu c6 bao nhiéu truc déi xting
A.3 B.?2 C.1 D. Khdng c6

Cau 36: Hinh tam giac déu c6 bao nhiéu tim ddi xang

A. 4 B.3 C. v sbs D. Khéng c6
Cau 37: Hinh tao boi hai dudng thang cit nhau d va d’.Vay hinh d6 c6 bao nhiéu tim
dbi xtrng ?

A.0 B.1 C.2 D. V0 sb
Cau 38: Anh cta dudng thang d: —3x +4y+5=0 qua phép dbi xirng truc Ox Ia

A. 3x+4y-5=0 B.3x-4y-5=0 C. -3x+4y-5=0 D. x+3y-5=0
Cau 39: Phép quay tam O(0;0) g6c quay 90° bién duong thing d:x—y+1=0 thanh dudng
thang c6 phuong trinh la

A. x+y-3=0 B. x+y+1=0 C. x-y+3=0 D. x+y+6=0
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Cau 40: Tim ménh dé sai: Phép doi hinh bién

A. Mot doan thang thanh doan thang, mét tia thanh mot tia

B. Mot duong thang thanh mot duong thang song song véi no

C. Mot duong tron thanh mot duong tron ¢ ban kinh bang ban kinh dudng tron da cho

D. Mot tam giac thanh mot tam giac bang n6
CAu 41: Phép vi ty ti s6 k bién hinh vuéng thanh

A. Hinh thoi B. Hinh binh hanh C. Hinh vuéng D. Hinh ch@ nhat
Cau 42: Trong mat phang Oxy cho M(-2;4). Toa do anh ciia M qua phép vi tu tam O ti s6
k=-21la

A. (-8;4) B. (—4;-8) C. (48) D. (4,-8)
Cau 43: Cho hai duong tron tiép xtc ngoai véi nhau va khéng bang nhau . Xét cac ménh
dé sau
I, C6 hai phép vi tu bién duong tron nay thanh dudng tron kia .
11, Tiép diém I 1a tdm vi tu ctia phép vi tu bién duong tron nay thanh duong tron kia .
11, Tisb vity 1a ti sd hai ban kinh

A.Chilvall B. Chill va lll C.Chilvalll D. Ca LI
Cau 44: Trong mat phang, néu phép bién hinh

A. La phép doi hinh thi d6 1a phép dong dang

B. La phép ddng dang thi d6 1a phép doi hinh

C. Khéng phai la phép doi hinh thi d6 13 phép ddng dang

D. Khdng phai 1a phép ddng dang thi d6 1a phép doi hinh
Cau 45: Trong mat phang Oxy cho A(9;1). Phép tinh tién theo vecto v bién A thanh

A. B(4,-6) B. C(14;8) C. D(13;7) D. E(8;14)
Cau 46: Trong mat phang Oxy cho A(5;-3). Hoi A la anh cia diém nao trong cac diém

sau qua phép tinh tién theo vecto v(5;7) I

A. (0;-10) B. (10;4) C. (410) D. (-10;0)
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Cau 47: Trong mat phing Oxy cho dudng tron (x—8)" +(y—3)" =7. Anh cia duong tron
qua phép tinh tién theo vecto v(5;7) I

A (x—4) +(y-3) =7 B. (x-13)° +(y-10)° =7

C. (x—7)2+(y—5)2=7 D. (x—3)2+(y+4)2=7
Cau 48: Trong mat phang Oxy cho v(13), phép tinh tién theo vecto nay bién duong thing
d:3x+5y—8=0 thanh duong thang

A. 3x+2y=0 B. 3x+5y-26=0 C. 3x+5y-9=0 D. 5x+3y-10=0

Cau 49: Trong cac phép tinh tién theo cac vecto sau phép tinh tién theo vecto nao bién
duong thang d:9x —7y+10=0 thanh chinh n6

A. v(T7;9)

B. v(-7;-9)

C. Khéng ton tai vecto thoa man yéu cau

D.AvaB
Cau 50: Trong mat phang Oxy cho duong tron (x —8)° +(y—3)° =7. Anh cua duong tron
qua phép quay tam O goc 90° la

A (x+3)" +(y-8)' =7 B. (x+3)" +(y-8)" =4

C. (x+8)2+(y—3)2:7 D. (x+8)2+(y+3)2:7
Céau 51: Trong mat phang toa do Oxy cho diém M(2;2). Trong 4 diém sau diém nao l1a
anh cua diém M qua phép quay tdm O goc —45°

A. (242;0) B. (-2v2;0) C. (0;242) D. (0;-242)
Céau 52: Trong mat phang Oxy, cho diém M(4;6) va 1(2;3). Hoi phép vi tu tam | ti s6 k =2
bién M thanh diém

A. (6;9) B. (2:4) C.(32) D. (6;4)
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Cau 53: Trong cac khang dinh sau, khang dinh nao sai?
A. Thuc hién lién tiép hai phép ddng dang thi dugc mot phép dong dang
B. Phép doi hinh 1a phép dong dang tisé k =1
C. Phép vi tu c6 tinh chat bao toan khoang cach
D. Phép vi tu khéng la phép doi hinh

Cau 54: o thi ham s6 y =cosx c6 bao nhiéu truc dbi xing?

A. Khong c6 B.1 C.2 D. V6 sb
Cau 55: Trong c4c ménh dé sau, ménh dé nao diing

A. Tam giac c6 tryc dbi xing B. Tir giac co truc doi xing

C. Hinh thang c6 truc ddi xirng D. Hinh thang can c6 truc ddi xing

Cau 56: Hop thanh cua hai phép dbi xing truc cé truc song song 1a phép

A. Phép ddi xang truc B. Phép ddi xtrng tam
C. Phép quay D. Phép tinh tién
Cau 57: Hop thanh cua hai phép dbi xang truc cé truc cit nhau 1a phép
A. Phép ddi xing truc B. Phép quay
C. Phép tinh tién D. Phép dong nhat
Cau 58: Cho A(-3:7). Piém A’ ddi xtng véi A qua O (0;0) c6 toa do 1a
A. (-6;14) B. (3,-7) C.(37) D. (-3,-7)

Cau 59: Cho A (-3;7). Piém A’ di xtrng véi A qua | (4;1) c6 toa do la
A. (13-5) B. (14-7) C. (13,-5) D. (9;-5)
Cau 60: Cho A (-3;7). Piém A’ di xtrng véi A qua truc hoanh c6 toa do 1a
A (37) B. (-3,-8) C. (3-7) D. (-3,-7)
Cau 61: Cho A (-3;7). Biém A’ @i xttng véi A qua truc tung c6 toa do la
A. (-3-7) B. (37) C. (3,6) D. (3,5)
Cau 62: Trong mat phang cho tam giac ABC. Goi M, N, P lan luot 1a trung diém cua AB,

BC, CA. Khi d6 phép tinh tién theo vecto u = %B—C bién
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A. N thanh B B. N thanh M C.Nthanh P D. N thanh A
CHUYEN PE 7: QUAN HE SONG SONG
I. BAl TAP TRAC NGHIEM
Cau 1: CAc yéu to nao sau day xac dinh mot mat phang duy nhét :
A. Ba diém B. Mot diém va mot duong thang
C. Hai duong thang cit nhau D. Bén diém
Cau 2: Xét cac ménh dé sau:
1. Hai duong thang khong c6 diém chung thi chéo nhau.
2. Hai duong thang khdng cat nhau va khéng song song thi chéo nhau.
3. Hai duong thang chéo nhau thi khong ¢ diém chung
Ménh dé nao ding ?
A.1va?2 ding B. 1 va 3 dung
C. Chi 3 dung D. Ca 1,2 va 3 déu dung
Cau 3: Ménh dé nao sau day ding
A. Mot duong thang cit hai dudng thang cho trudc thi ca ba duong thang d6 cung nam
trong mot mat phang.
B. Mot duong thang cét hai duong thang cit nhau tai hai diém phan biét thi ca ba duong
thang d6 dong phang
C. Mét dudng thang cit hai dudng thang cit nhau cho trudc thi ca ba dudng thang d6 cung
nam trong mot mat phang
D. Ca B va C dang
Cau 4: Cho cac gia thiét sau, gia thiét nao sau day két luan duong thang d, //(P)
A.d,//d, vad,//(P) B.d,N(P)=&
C. d,//d, vad,=(P) D. d,//(Q) va (Q)//(P)
Cau 5: Trong khong gian cho 4 diém khong dong phang, c6 thé xac dinh dugc nhiéu nhat

bao nhiéu mat phang phan biét tir cac diém do.
A. 2 B.3 C. 4 D.5
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Cau 6: Cho hinh chop S.ABCD véi day 1a tir giac 16i c¢6 cac canh dbi khdng song song. AC
cat BD tai O, AD cat BC tai I. khi d6, giao tuyén cua hai mat phang (SAC) va (SBD) la

A. Sl B.SB C.sC D. SO
Cau 7: Cho ta dién ABCD. Goi I, K lan Iuot 1a trung diém AB, AD. Giao tuyén ciia (CDI) va
(BCK) la

A. PR B.CR C.CP D.CQ

Cau 8: Cho tir dien ABCD. Piém M nam trén doan AC. (P) qua M va song song véi AB.
Thiét dién cua (P) véi ti dién 1a

A. Hinh thang B. Hinh binh hanh C. Hinh chir nhat D. Hinh vuéng
Cau 9: Cho hinh chép S.ABCD c6 day ABCD I hinh binh hanh, M 14 trung diém SC. Goi N

1a giao diém cua duong thang AM va (SBD). Khi do, ti s6 % la

A2 B. C.1 D.

N | W
wIN

Cau 10: Cho hai mat phang (P) va (Q) song song véi nhau. Ménh dé nao sau day sai:
A. Néu duong thang a = (Q) thi a//(P)
B. Moi dudng thang di qua diém A e(P) va song song véi (Q) déu ndm trong (P).
C.dc(P)vad'c(Q) thid/d’
D. Néu duodng thang A cit (P) thi A ciing cat (Q).
Cau 11: Trong cac ménh dé sau, ménh dé nao ding:
A. Hai mp phan biét ciing song song véi mot dudng thang thi song song véi nhau.
B. Hai mp phan biét cuing song song véi mot mit phing thi song song véi nhau
C. Néu mot duodng thiang song song véi mot trong hai mat phiang song song thi né song
song véi mat phang con lai.
D. Néu mot duong thang nam trén mot trong hai mat phang song song thi no song song
vGi moi dudng thang nam trong mat phang con lai.
Cau 12: Cho mat phing (P) va duong thang.Ménh dé nao sau day ding:
A.Néu Ag(d) thi Ag(P)
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B.Néu Ae(P) thi Ae(d)

C. VAe(d)=Ae(P)

D. Néu 3 diém va A, B, C thang hang thi A,B,Ce(d)
Cau 13: Trong cac ménh dé sau, ménh dé nao ding:

A. Hai duong thang khdng cat nhau va khéng song song thi chéo nhau.

B. Hai duong thang khong song song thi chéo nhau.

C. Hai duong thang khong c¢6 diém chung thi chéo nhau.

D. Hai dudng thang chéo nhau thi khong c¢6 diém chung.
Cau 14: Cho 4 diém khong dong phang A, B, C, D. Goi M, N lan luot 14 trung diém cua AD
va BC. Khi d6 giao tuyén ciia mp (MBC) va mp (NDA) la:

A. AD B.BC C.AC D. MN
Cau 15: Cho tir dién ABCD. Trén canh AD liy diém M, trén canh BC lay diém N bat ki khac
B, C. Goi (P) Ia mat phing di qua dudng thang MN va song song v&i CD. Khi d6 thiét dién
cua tir dién ABCD khi cét bai mat phang (P) la

A. Mot doan thang B. Mét hinh thang

C. Mot hinh binh hanh D. Mot hinh chit nhat
Cau 16: Cho tir dien ABCD. Goi M, N lan luot 1 trung diém AC, BC. Biém E thudc canh
AD, diém P thudc canh BD sao cho DE_DP_1 Ménh dé nao sau day sai

DA DB 3

A. EP = %W B. M, N, E, P ddng phéng

C. ME // NP D. MNPE la hinh thang
Cau 17: Cho lang tru tam giac ABC.A'B'C'. Goi I, I' lan lugt 1a trung diém cia canh BC,
B'C'. Ménh dé nao sau day dung:

A. AL/ AT B. AA'Il" 1a hinh chir nhat

C. AC'cit Al D. Al' cit AB'.
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Cau 18: Cho hinh chép S.ABCD. Mp (P) cit c4c canh SA, SB, SC, SD lan luot taiA', B, C',
D'. Goi A=(SAB)n(SCD), A'=(SAD)(SBC). Néu (P)//A hoic (P)//A" thi AB'C'D'
la

A. Hinh thang B. Hinh binh hanh

C. Hinh chir nhat D. Hinh vuéng
Cau 19: Cho hinh chép S.ABC c¢6 AB = AC, SB = SC. H, K lan Iuot 13 tryc tdm tam giac
ABC va tam gi4c SBC, G va F lan luot 1a trong tdm caa tam giac ABC va tam giac SBC. Xét
cac ménh dé sau:
(1) AH, SK va BC d6ng qui
(2) AG, SF cit nhau tai mot diém trén BC.
(3) HF va GK chéo nhau.
(4) SH va AK cit nhau.
Ménh dé sai la:

A. (1) B. (2) C.(3) D. (4)
Cau 20: Cho tir dién ABCD. Goi M, N lan luot 13 trung diém cia AC va BC. Trén doan BD
liy P sao cho BP =2 PD. Khi d6 giao diém cua dudng thang CD voi mp(MNP) 1a:

A. Giao diém cua NP va CD B. Giao diém cua MN va CD
C. Giao diém cua MP va CD D. Trung diém cua CD.
1. TU LUAN

Bai 1. Cho t&r dién ABCD. Goi M va N lan luot Ia trong tdm cac tam giac ABC va BCD.

a) Chang minh rang MN song song véi cac mat phang ABD va ACD.

b) Xac dinh thiét dién tao boi mat phing qua MN va song song véi BD.

Bai 2. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi M va N lan Iuot Ia trong tam
cac tam giac SAD va SCD.

a) Chang minh rang MN song song véi mp(SAC).

b) Xac dinh thiét dién tao boi mp(BMN) véi hinh chop.
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Bai 3. Cho hai hinh binh hanh ABCD va ABEF khdng ciing nam trong mot mat phang. Goi O
va O’ lan luot Ia thm cua céc hinh binh hanh ABCD va ABEF; M va N lan luot Ia trong tam
cac tam giac ABD va ABE.

a) Chirng minh rang OO’ song song v&i cac mat phang (ADF) va (BCE).

b) Chang minh rang MN song song véi mp(CEF).

¢) Goi P 1a diém trén canh AC va Q 1a diém trén canh BF. Tim vi tri caa cac diém P va Q sao
cho PQ song song véi mp(CEF).

Bai 4. Cho tir dién ABCD. Goi M Ia trong tam cua tam giac ABC va N 1a mot diém trén canh
AD sao cho AN = 2ND. Chtring minh rang duong thang MN song song vaéi mat phang BCD.
Bai 5. Cho ttr diégn ABCD. Goi M la diém trén canh AB sao cho MB = 2MA va N 1a diém
trén canh CD sao cho MB = 2MA va N la mot diém thugc canh CD (N khong tring véi C va
D).

a) Xac dinh thiét dién caa mp(P) véi tu dién.

b) Tim vi tri diém N trén canh CD sao cho thiét dién trén Ia hinh binh hanh.

Bai 6. Cho tir dién ABCD. Goi M 1a diém trén canh AB sao cho MB = 2MA. Goi (P) 1a mat
phing di qua M va song song voi cac duong thang BC va AD. Xéc dinh thiét dién tao boi
mp(P) véi tir dién. Thiét dién trén Ia hinh gi?

Bai 7. Cho tir dién ABCD. Goi M 1a diém trén canh AB(M khong tring voi A va B) va N 1a

mot diém trén canh CD (khdng tring véi C va D) sao cho %+%=1. Goi (P) la mat

phing chira MN va song song véi BC.

a) Xac dinh thiét dién tao bai mp(P) vai tir dién.

b) Chtrng minh rang mp(P) // AD

Bai 8. Cho hinh chép S.ABCD c6 day l1a hinh binh hanh. Goi M 1a mot diém trén canh SC
(khdng trung voi S va C). Goi (P) la mat phang qua AM va song song véi dudng thing BD.
a) Xac dinh thiét dién tao boi mp(P) véi hinh chép. Tim vi tri ciia diém M sao cho thiét dién
di qua trong tam cua tam giac SBD.

b) Goi E va F lan luot 1a giao diém caa mp(P) véi cac canh SB va SD. Goi I 1a giao diém cua
EF va AM.
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Chang minh rang I 1a trung diém cia EF va tim quy tich cia diém I khi M di chuyén trén
canh SC (M khéng trung vai S va C).
Bai 9. Cho hinh chép S.ABCD c6 day la hinh binh hanh. Goi M 14 diém trén canh SA (M
khong tring voi S va A) va N 1a diém trén canh SC (N khong tring vai S va C). Goi (P) la
mat phang qua MN va song song véi BD.
a) Xac dinh thiét dién tao bai mp(P) véi hinh chdp.
b) Tim vi tri cia M va N sao cho thiét dién trén Ia hinh binh hanh.
Bai 10. Cho hinh chop S.ABCD c¢6 day la hinh binh hanh. Goi M la diém trén canh SB sao
cho MS = 2MB. Goi (P) la mit phang di qua AM va song song véi BD.
a) Xac dinh thiét dién tao bai mp(P) véi hinh chdp.
b) Chtrng minh rang giao diém caa (P) véi SC 1a trung diém cuaa SC.
Bai 11. Cho hinh chép S.ABCD c6 day 1a mot ti giac 16i ¢6 cac cap canh ddi nam trén cac
duong thang cat nhau. Mot mp(P) cét cac canh SA, SB, SC, SD lan luot tai cac diém A’, B,
C’, D’. Goi I 1a giao diém caa AC va BD.
a) Chang minh ring cac duong thang A’C’, B’D’ va SI ddng quy tai mot diém.
b) Tim diéu kién cua mp(P) dé t& gidc A’B’C’D’ 14 hinh thang.
¢) Tim diéu kién cua mp(P) dé t&r giac A’B’C’D’ 14 hinh binh hanh.
Bai 12. Cho ttr dién ABCD. Goi E la mot diém thudc mién trong tam giac BCD. Goi (P) 1a
mat phing qua E va song song véi cac dudng thang BC va AD va cit cac canh AB, AC, BD,
CD lan luot tai M, N, P, Q.
Chang minh ring ti giac MNPQ 1a hinh binh hanh

Pap an

1-1 2-C 3-B 4-B 5-C 6-D 7-D 8-A 9-A 10-C

11-B 12-C 13-D 14-D 15-B 16-B 17-A | 18-A | 19-D | 20-A

CHUYEN PE 8: QUAN HE VUONG GOC
I. TRAC NGHIEM
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Cau 1: Cho hinh chép S.ABC c6 day ABC la tam giac can tai A, canh bén SA vubng géc vai
day, M 1a trung diém BC, J 1a trung diém BM. Khang dinh nao sau day dung ?
A. BC L(SAB) B. BC L(SAM) C. BCL(SAC) D. BC L(SAJ)

Cau 2: Cho hinh chép S.ABCD c6 day ABCD la hinh chir nhat tdm I, canh bén SA vuéng
goc vé6i day. Khang dinh nao sau day dang

A. (SCD) L(SAD) B.(SBC)L(SIA)  C.(SDC)L(SAI)  D. (SBD)L(SAC)
Céau 3: Cho hinh chop S.ABCD c6 day ABCD la hinh chir nhat tdm I, canh bén SA vudng
goc V6i day. Piém cach déu cac dinh caa hinh chop la

A. trung diém SB

B. Piém nim trén duong thang d // SA va khdng thudc SC

C. trung diém SC.

D. trung diém SD
Cau 4: Cho hinh chop S.ABC c¢6 day ABC la tam giac can tai A, canh bén SA vudng gbc vai
day, M la trung diém BC, J 1a trung diém BM. GAc giira 2 mat phang (SBC) va (ABC) la:

A. goc SBA B. géc SJIA C. géc SCA D. goc SMA
Cau 5: Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh thoi tam I, canh bén SA vudng goc vai
day, H.K 1an luot 1a hinh chiéu caa A 1én SC, SD. Khang dinh nao sau day dung ?

A. (SIC) L(SCD)  B.(SCD)L(AKC) C.(SAC)L(SBD) D.(AHB)L(SCD)
Cau 6: Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh thoi tam I, canh bén SA vudng goc vai
day. Khing dinh nao sau day dang ?

A. (SBC)L(SIA)  B.(SBC)L(SAC) C.(SDC)L(SAl)  D.(SCD)L(SAD)
Cau 7: Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai A, canh bén SA vubng goc
Vi day, I 1a trung diém AC, H Ia hinh chiéu cua | 1én SC. Khing dinh nao sau ddy dung ?

A. (SBC) L(SAB) B.(BIH)L(SBC) C.(SAC)L(SAB) D.(SAC).L(SBC)
Cau 8: Cho hinh chop S.ABC c6 day ABC la tam giac vuong tai B, canh bén SA vubng goc
Véi day, I 1a trung diém AC. Piém cach déu cac dinh cua hinh chdp la

A. Biém nam trén duong thang d // SA, d di qua M 1a trung diém BI
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B. khong ton tai diém cach déu cac dinh caa hinh chop

C. trung diém SC

D. trung diém SB
Céau 9: Cho hinh chop S.ABCD c6 day ABCD la hinh chir nhat tdm I, canh bén SA vudng
goc véi day. H,K lan luot Ia hinh chiéu cua A Ién SC, SD. Ki hiéu d(A,(SCD)) la khoang
cach gitta diém A va mat phang (SCD). Khang dinh nao sau day dung ?

A. d(A,(SCD))=AC B. d(A,(SCD))=AK C. d(A,(SCD))=AH D. d(A,(SCD))=AD
Cau 10: Cho hinh chép S.ABC c6 day ABC la tam giac vudng tai B, canh bén SA vudng géc
V6i day, I 14 trung diém AC, H 1a hinh chiéu caa | 1én SC. Khang dinh nao sau day dung ?

A. (SAC)L(SAB) B.(BIH)L(SBC) C.(SAC)L(SBC) D.(SBC)L(SAB)
Cau 11: Cho hinh chop S.ABC c6 day ABC la tam giac vuong tai B, canh bén SA vudng goc
V6i day, M 14 trung diém BC, J Ia trung diém BM. Khang dinh nao sau day dung ?

A. BC L(SAB) B. BC L(SAJ) C. BCL(SAC) D. BC L(SAM)

Céau 12: Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi tdm I, canh bén SA vudng goc
v6i day, H,K 1an luot 13 hinh chiéu caa A 18n SC, SD. Khang dinh nio sau day dung

A. AK 1 (SCD) B. BC L(SAC) C. AH_L(SCD) D. BD L (SAC)
Cau 13: Cho hinh ling tru ditng ABCD.A'B'C'D' ¢6 day ABCD Ia hinh vudng. Diém céch
déu cac dinh caa hinh lang try la

A. Giao diém ciia A'B va ABC'

B. khong ton tai diém cach déu cac dinh cua hinh lang tru

C. Giao diém ciia A'D va AD'

D. Giao diém caa A'C va AC'
Cau 14: Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi tdm I, canh bén SA vubng goc
véi ddy, BD = 2AC. Piém cach déu cac dinh caa hinh chdp la

A. trung diém SC

B. khong ton tai diém cach déu cac dinh caa hinh chop

C. Piém nam trén duong thang d // SA
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D. trung diém SD
Cau 15: Cho hinh chép S.ABC c6 day ABC la tam giac vudng tai B, canh bén SA vudng géc
V6i déy, I 1a trung diém AC, H 1a hinh chiéu cua I 1én SC. Ki higu d(a,b) la khoang cach
gitta 2 duwong thang a va b. Khang dinh nao sau diy dung

A.d(SA,BC)=AB B.d(BI,SC)=IH  C.d(SA/AC)=IH D. d(SB,AC)=BI
Cau 16: Cho hinh chép S.ABC c6 day ABC la tam giac can tai B, canh bén SA vubng goc
V6i day, M 1a trung diém BC, J Ia hinh chiéu cua A Ién BC. Khang dinh nao sau ddy dung ?

A. BC L(SA) B. BC L(SAB) C. BC L(SAC) D. BC L(SAM)
Céau 17: Cho hinh chop S.ABC c¢6 day ABC la tam giac céan tai B, canh bén SA vudng goc
Vi ddy, M la trung diém BC, J I hinh chiéu cua A Ién BC. Ki hiéu d(A,(SBC)) la khoang
cach gitta diém A va mat phang (SBC). Khing dinh nao sau day ding ?

A. d(A,(SBC))=AK véi K Ia hinh chiéu cua A Ien SC

B. d(A,(SBC))=AK véi K Ia hinh chiéu cua A Ien SM

(A
C. d(A,(SBC))=AK vsi K Ia hinh chiéu cia A lén SB

D. d(A,(SBC))=AK vsi K Ia hinh chiéu ciia A lén SJ
Cau 18: Cho hinh ling tru dimg ABCD.A'B'C'D' ¢6 ddy ABCD la hinh vudng. Khang dinh
nao sau day dung ?

A. (AB'C) J_(BA'C') B. (AB'C) J_(B'BD) C. (AB'C) J_(D'AB) D. (AB'C) 1(D'BC)
Cau 19: Cho hinh chép S.ABC c6 day ABC la tam gidc can tai A, M la trung diém AB, N la
trung diém AC, (SMC) L (ABC), (SBN)_L(ABC), G la trong tam tam giac ABC, I Ia trung
diém BC. Khang dinh nao sau ddy dung ?

A. (SIN) L(SMC)  B.(SAC)L(SBN) C.(SIM)L(SBN) D.(SMN)_L(SAI)
Cau 20: Cho hinh ling try dimg ABCD.A'B'C'D' ¢6 d¢ay ABCD Ia hinh vudng. Khing dinh
nao sau day dang

A.A'CL(B'BD) B.A'CL(B'C'D) C.ACL(B'BD) D.ACL(B'CD)
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Cau 21: Cho hinh chép S.ABCD c¢6 day ABCD la hinh chir nhat tam I, canh bén SA vuéng
goc véi ddy. H, K 1an luot 13 hinh chiéu cua A 1én SC, SD. Ki hiéu d(a,b) la khoang cach
gitta 2 duwong thang a va b. Khang dinh nao sau diy dung

A. d(AB,SC)=BS B.d(AB,SC)=AK C.d(AB,SC)=AH D. d(AB,SC)=BC
Cau 22: Cho hinh ling try dung ABC.A'B'C' ¢6 ddy ABC la tam giac déu. M, N lan luot Ia
trung diém AC va A'C". G, G' lan luot Ia trong tdm tam giac ABC va tam giac A'B'C". Biém
cach déu cac dinh cia hinh lang try la

A. trung diém MN

B. khong ton tai diém cach déu cac dinh cua hinh ling try

C. trung diém GG'

D. trung diém CC'
Cau 23: Cho hinh chop S.ABC c¢6 day ABC la tam giac céan tai B, canh bén SA vudng goc
v6i day, 1 1a trung diém AC, H 1a hinh chiéu cua | 1&n SC. Géc giita 2 mat phang (SBC) va
(SAC) la:

A. goc ASB B. géc IHB C. géc AHB D. goc ACB
Cau 24: Cho hinh chép S.ABC c¢6 day ABC 1la tam giac can tai C,
(SAB) L (ABC), SA=SB, 11 trung diém AB. Khang dinh nao sau day sai ?

A. SI L(ABC) B. IC L(SAB) C. SAC=SBC D. SA L(ABC)
Cau 25: Cho hinh chop S.ABC c¢6 day ABC la tam giac vuong tai C,
(SAB) L (ABC), SA=SB, I la trung diém AB. Diém cach déu cac dinh cua hinh chép nam
trén duong thang nao sau day

A. duong thing Sl

B. duong thang d // S1, d di qua M 14 trung diém BC

C. duong thiang SC

D. duong thang d // SI, d di qua G 14 trong tam tam giac ABC
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Cau 26: Cho hinh chép S.ABC c6 day ABC la tam giac can tai B, canh bén SA vubng goc
v6i ddy, M 1a trung diém BC, J I1a hinh chiéu caa A 1én BC. GAc gitra 2 mat phang (SBC) va
(ABC) la:

A. géc SBA B. goc SIA C. géc SMA D. géc SCA
CAu 27: Cho hinh lang tru dimg ABC.A'B'C' ¢6 ddy ABC la tam giac déu, I 14 trung diém
AB. Ki hi¢u d(AA',BC) la khoang cach giita 2 duong thang AA' va BC. Khing dinh nao sau
day ding

A. d(AA',BC)=AB B.d(AA'BC)=IC C.d(AA'BC)=A'B D. d(AA'BC)=AC
Cau 28: Cho hinh lang tru dimg ABC.A'B'C' c6 day ABC 1a tam giac vudng tai B, I la trung
diém AB. Khang dinh nao sau day dang ?

A. (ABC) L(B'AC) B.(A'Cl)L(A'AB) C.(A'BC)L(A'AB) D. (A'BC)L(A'AC)
Cau 29: Cho hinh chép S.ABCD c6 day ABCD 1a hinh thoi tdm I, canh bén SA vudng goc
v6i day. Goc giita 2 mat phang (SBD) va (ABC) Ia:

A. goc SIA B. géc SBA C. gbc SIC D. goc SDA
Cau 30: Cho hinh chdp S.ABC c6 day ABC la tam giac can tai A, M 1a trung diém AB, N la
trung diém AC, (SMC) L (ABC), (SBN)_L(ABC), G la trong tam tam giac ABC, I Ia trung
diém BC. Khang dinh nao sau day dung ?

A. SI L(ABC) B. SG L(ABC) C. IAL(SBC) D. SA L(ABC)
Cau 31: Cho hinh chép S.ABC c6 ddy ABC la tam giac déu c6 trong tdm G, canh bén SA
vudng goc voi day, I 1a trung diém AC, dung hinh chir nhat SAGN. Diém cach déu cac dinh
caa hinh chop la

A. trung diém SC

B. khdng ton tai diém cach déu cac dinh cua hinh chép

C. trung diém SB

D. trung diém GN
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Cau 32: Cho hinh chop S.ABC c6 day ABC la tam giac can tai A, canh bén SA vubng goc
véi day, M la trung diém BC, J 1a trung diém BM. Ki hi¢u d(A,(SBC)) la khoang cach giira
diém A va mat phang (SBC). Khing dinh nio sau day dung

A. d(A,(SBC))=AK vsi K la hinh chiéu cia A Ién SC

B. d(A(
C. d(A,(SBC
D. d(A(

Cau 33: Cho hinh chép S.ABC c6 day ABC 1la tam giac vudng tai A,

SBC))=AK vsi K Ia hinh chiéu cua A 1&n S

))=AK vsi K 12 hinh chiéu caua A Ién SM

)=AK véi K Ia hinh chiéu cia A Ién SB
SBC))

(SAB) L (ABC), SA=SB, 11a trung diém AB. Khang dinh no sau day sai

A. IC L(SAB) B. SI L(ABC) C. AC L(SAB) D. AC_L(SAC)
Cau 34: Cho hinh chép S.ABC c6 day ABC la tam giac vuong can tai A, canh bén SA vudng
goc voi day, I 1a trung diém AC, M 1a trung diém BC, H Ia hinh chiéu cua I 1én SC. Ki hiéu
d(a,b) Ia khoang cach gitra 2 duong thang a va b. Khang dinh nao sau day dung ?

A.d(BILSC)=IH  B.d(SABC)=AB C.d(SA,BC)=AM D. d(SB,AC)=BI
Cau 35: Cho hinh ling tru dimg ABC.A'B'C' c6 day ABC la tam giac vudng tai B. M, N lan
luot 1a trung diém AC va A'C'. G, G' lan luot 1a trong tdm tam giac ABC va tam giac A'B'C".
Diém cach déu cac dinh cua hinh lang tru Ia

A. trung diém MN

B. trung diém GG'

C. khong ton tai diém cach déu cac dinh cia hinh lang try

D. trung diém CC'
Cau 36: Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi tam I, canh bén SA vubng goc
v6i day, H.K 1an lrot 1a hinh chiéu cia A 1én SI, SD. Ki hiéu d(A,(SBD)) la khoang cach
giita diém A va mat phang (SBD). Khing dinh nao sau day ding

A. d(A,(SBD))=AH B. d(A,(SBD))=Al C. d(A,(SBD))=AK D. d(A,(SBD))=AD

Trang 94 |



Dao Phuwong Thdo luyenthi-htt

Cau 37: Cho hinh lang tru ding ABC.A'B'C' ¢6 day ABC la tam giac vuong tai B, | la trung
diém AB. Ki hiéu d(AB,B'C") la khoang cach giita 2 duong thang AB va B'C'. Khang dinh
nao sau day dung ?

A. d(AB,B'C')zAB' B. d(AB,B'C')z BC' C. d(AB,B'C')zAA' D. d(AB,B'C')zAC'
Cau 38: Cho hinh chép S.ABCD c6 day ABCD la hinh chir nhat tam I, canh bén SA vuéng
goc vé6i day. H, K 1an luot 1a hinh chiéu cua A Ién SC, SD. Khang dinh nao sau ddy diung ?

A. BD L (SAC) B. AK L(SCD) C. BCL(SAC) D. AH 1 (SCD)
Cau 39: Cho hinh chép S.ABCD c¢6 day ABCD la hinh chir nhat tam I, canh bén SA vudng
goc vé6i day. H, K 1an luot 1a hinh chiéu cua A Ién SC, SD. Khang dinh nao sau ddy dung ?

A. (SAC)L(SCD) B.(SAC)L(SBD) C.(SAC)L(SBC) D.(SCD)L(AKC)
Cau 40: Cho hinh lang tru dimg ABC.A'B'C' ¢6 ddy ABC la tam giac déu, I 14 trung diém
AB. Khing dinh nao sau day ding ?

A. (A'IC) L(A'AB) B.(ABC)L(B'AC) C.(A'BC)L(A'AB) D. (A'BC)L(A'AC)
Cau 41: Cho hinh chop S.ABC c¢6 day ABC 1a tam giac can tai C,
(SAB) L(ABC), SA=SB, I la trung diém AB. GOc giita dudng thang SC va mit phang
(ABC) la:

A. goc SCI B. géc SCA C. gbc ISC D. goc SCB
Cau 42: Cho hinh chdp S.ABC c6 day ABC la tam giac can tai A, M 1a trung diém AB, N la
trung diém AC, (SMC) L (ABC), (SBN)_L(ABC), G la trong tam tam gidc ABC, | Ia trung
diém BC. Khang dinh nao sau ddy dung ?

A. AB L (SMC) B. IAL(SBC) C. BC_L(SAI) D. AC_L(SBN)
Cau 43: Cho hinh chop S.ABC c6 day ABC la tam giac vudng tai A, canh bén SA vubng goc
V6i day, M 1a trung diém BC, dyng hinh chit nhat SAMN. Piém cach déu cac dinh caa hinh
chop la

A. trung diém SC

B. khong ton tai diém cach déu cac dinh caa hinh chop
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C. trung diém SB

D. trung diém MN
Cau 44: Cho hinh chép S.ABC c6 day ABC la tam giac can tai B, canh bén SA vubng goc
Véi ddy, I 1a trung diém AC, H la hinh chiéu cua I Ién SC. Ki hiéu d(a,b) Ia khoang cach
gitta 2 duwong thang a va b. Khang dinh nao sau diy dung

A. d(SA,BC)=AB B.d(SB,AC)=IH C.d(BI,SC)=AB  D. d(SB,AC)=BI
Cau 45: Cho hinh chép S.ABC c6 day ABC la tam giac can tai B, canh bén SA vubng goc
Vi day, I 1a trung diém AC, H Ia hinh chiéu cua I 1én SC. Khang dinh nio sau day dung ?

A. (BIH)L(SBC) B.(SAC)L(SAB) C.(SBC)L(SAB) D.(SAC)L(SBC)
CAu 46: Cho hinh chop S.ABCD c6 day 1a hinh vudng canh a, mit bén SAB 1a tam giac déu
va nam trong mat phang vuéng goc voi mat phang day. Tinh theo a khoang cach tir diém A
dén mat phang (SCD) duoc két qua

A. ﬁ B. @ C. 3a D. @

7 5 V7
Cau 47: Cho hinh chép S.ABCD c¢6 day ABCD la hinh chir nhat tam I, canh bén SA vuéng
goc véi day. H, K 1an luot 1a hinh chiéu cua A 1&n SC, SD. KN // CD, N thudc SC. Géc giira
2 mat phang (SCD) va (SAD) la:

A. géc AKN B. géc AKH C. géc ADC D. goc ASC
CAu 48: Cho hinh chop S.ABC c6 day ABC la tam giac can tai A, M 1a trung diém AB, N la
trung diém AC, SB = AB, (SMC) L (ABC), (SBN)_L(ABC), G la trong tam tam giac ABC,
|, K lan luot 1a trung diém BC, SA. Ki hiéu d(a,b) Ia khoang cach giira 2 duong thang a va
b. Khang dinh nao sau day dang

A. d(SA,BC)=IA B.d(SAMI)=IK  C.d(SA,BC)=IK D.d(SABC)=IS

Cau 49: Cho hinh chdp S.ABCD c¢6 ddy ABCD la hinh vudéng canh a, mat phing (SAB)
vudng goc véi mit phing day, SA = SB, goc giita duong thang SC va mit phing day bang
45° . Tinh theo a khoang cach tir diém S dén mit phiang (ABCD) duoc két qua
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a\/§ a«b

A B.—~ C. % D. #
Cau 50: Cho hinh chép S.ABC c¢6 day ABC la tam giac vudng can tai A, mat bén SBC la tam
gidc déu canh a va mat phang (SBC) vudng goc véi mat day. Tinh theo a khoang céch giira
hai duong thang SA, BC duoc két qua

A 23 g, 23 c b p, 22

4 2 2 2

Cau 51: Cho hinh ling tru tam gidc déu ABC.A’B’C’ c6 AB = a, goc giita hai mat phing
(A’BC) va (ABC) bang 60°. Tinh theo a khoang céch gita hai mat phiang (ABC) va
(A’B’C’) duoc két qua

A 3R B 2 c.@ D. 22
2 2 2 2

Cau 52: Cho ling tru ABCD.A,B,C,D, c6 ddy ABCD la hinh chit nhat. AB = a, AD=a+/3.
Hinh chiéu vudng goc cta diém A, trén mat phang (ABCD) tring véi giao diém AC va BD.
Goc giira hai mt phang (ADDA, ) va (ABCD) bang 60°. Tinh khoang cach tir diém B, dén
mit phang (A,BD) theo a duoc két qua

A 32 g V3 c.2 p, ¥
2 2 2 2
Cau 53: Cho hinh chép S.ABCD c¢6 day ABCD la hinh thoi canh a, canh bén SA vuéng géc
v6i day, BAD =120°, M 14 trung diém canh BC va SMA =45°. Tinh theo a khoang cach tir
D dén mat phang (SBC) dugc két qua
A 26 p. 26 c. ¥ p. 2¥3
2 4 4 4
Cau 54: Cho hinh chép S.ABC c¢6 déy ABC la tam giac déu, (SAB)_L(ABC), SA=SB, | Ia
trung diém AB. Piém cach déu cac dinh cua hinh chop thudc duong thang nao
A. duong thang d // S1, d di qua M 14 trung diém BC
B. duong thiang d // SI, d di qua G la trong tdm tam giac ABC
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C. duong thang SB

D. duong thang SC
Cau 55: Cho hinh ling try ABCA'B'C' c¢6 day ABC la tam giac déu canh a, AA’ = 2a va
duong thang AA’ tao véi mat phang (ABC) mat goc bang 60°. Tinh theo a khoang cach tir D
dén mat phang (SBC) duoc két qua

A 2 B.3a C. a\3 D. a\5
Cau 56: Cho hinh chép S.ABC c¢6 day ABC la tam gidc can tai C,
(SAB) L (ABC), SA=SB, I la trung diém SC, K 1a trung diém SI . G6c giita 2 mat phang
(SAC) va (SBC) Ia:

A. goc ASB B. géc AKB C. géc ACB D. goc AIB
Cau 57: Cho hinh chép S.ABC c¢6 day ABC la tam giac vudng can tai B, AB = a, SA vubng
g6c véi mat phang (ABC), goc giira hai mat phang (SBC) va (ABC) bang 30°. Goi M la
trung diém ctia canh SC.Tinh khoang cach tir diém M dén mat phang (SAB) theo a bang

A. 1a B. 1a C.a D. 1a

3 4 2
Cau 58: Cho hinh chép S. ABC ¢6 ddy ABC la tam gidc vudng can tai A, AB=a/2;
SA = SB = SC. Goc giira duong thang SA va mat phang (ABC) bing 60°. Tinh theo a
khoang cach tir diém S dén mit phang (ABC) duoc két qua

A a3 B. a2 C. a3 D. av2

3 2
Cau 59: Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi tam I, canh bén SA vubng goc
v6i day, H, K 1an Iuot 13 hinh chiéu caa A 1én SI, SD. M, N lan luot 13 trung diém cua SB,
AD. Ki hi¢u d(MN,SI) Ia khoang cach giita 2 duong thang MN va SI. Khang dinh nao sau
day dung

A. d(MN,SI):%AK B. d(MN,SI):%AI C. d(MN,SI):%AB D. d(MN,SI):%AH
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Cau 60: Cho hinh chop S.ABC c¢6 day ABC 1a tam giac vudng tai A,
(SAB) L (ABC), SA=SB, 1 1a trung dicm AB. Di¢m cach déu cac dinh cua hinh chép thugc
duong thang nao

A. duong thang d // SI, d di qua G 1a trong tam tam giac ABC

B. duong thang SB

C. duong thang d // SI, d di qua M 14 trung diém BC

D. duong thang SC
DANG 2: KHOANG CACH
Cau 1: Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a, SA L (ABCD) va

SA =2a. Tinh khoang céach tir diém B dén mp (SAC).

8 B. a2 C. a2 D. a2
2 3 4 2

Cau 2: Cho hinh chép S.ABCD c6 ddy ABCD Ia hinh vudng canh a, SA L (ABCD)va

A

SA =a+/6 . Tinh khoang cach tir A ¢&n mat phang (SBD).

a\/78 a\/78 a\/78 a\/78

B. C. D.
13 12 10 15

Cau 3: Cho hinh chop S.ABCD c6 ddy 13 hinh vudng canh a, mit bén SAB 1a tam giac déu

A.

va nam trong mat phang vudng goc voi mat phang day. Tinh theo a khoang cach tir diém A
dén miat phang (SCD) duoc két qua
A. ﬂ B. ﬁ C. 3a D. ﬁ
7 J5 J7
Cau 4: Cho hinh chép S.ABCD c6 day 1a hinh vudng tdm O,canh bang a. Cho biét hai mat
bén (SAB), (SAD) cung vudng goc véi day (ABCD) va SA=a+/2. Khoang céch tir A dén
mét phang (SBD) bang:

PN Bﬁ a2 DaJl_O

5 "5 -3 "~ 15
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Cau 5: Cho hinh chop S.ABCD c¢6 day ABCD la hinh chir nhat SA L (ABCD). Cho

AC=5a, AB=4a, SA=a/3. Tinh khoang cach tir A &én mat phing ( SCD)

3a

3a 2a D 32
2

A 2 B. 22 c. 2
4 3 2

Cau 6: Cho hinh chép S.ABCD c¢6 day ABCD Ila hinh chit nhat voi
AB=a, AD=2a, SA L (ABCD) va SA=a. Khoang cach tr A dén mat phang (SBN).

a/33 2a+/33 4a+f33 a/33

B. C. D.
33 33 33 11

Cau 7: Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh chir nhat.

A

AB=a+2,BC=a, SB=a+/2, SB L (ABCD). Goi H, K Ia hinh chiéu cua B trén SA, SC.
Tinh khoang céach tir H ¢én mp(SBD).

26 g, 26 c a6 a6
6 4 3 2

Cau 8: Cho hinh chop S.ABCD c¢6 day ABCD 1a hinh chir nhat,
AB=a, AD=a+3, SD=a7 va SA_L(ABCD). Goi M, N lan luot Ia trung diém cua SA
va SB. Tinh khoang céch tir S &én mat phang (MND).
A 22 p. 23 c. 2V p. 2¥3
2 3 4 2
Cau 9: Cho hinh chop S.ABCD voi ABCD la hinh vubéng canh a, SA vudng goc voi mat

B

phing (ABCD) va SA = aT . Tinh khoang cach gitra hai duong chéo nhau AB va SD

N B C D.

8 2
3 5 4
Cau 10: Cho hinh chop S.ABCD c6 day la hinh vudng canh a, canh bén SA vudng goc voi

N | o

mit phing (ABCD), SA =a+/3. Tinh theo a khoang cach giita hai duong thing SB va AC.
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Cau 11: Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuong canh a tdam O, SA = a va SA
vubng goc voi day. Khoang cach gitra hai duong thang SC va AD la
A B2 5 &3 c a2 o &8
2 4 3 2
Cau 12: Cho hinh chép S.ABCD c¢6 day ABCD la hinh vudng canh a tdm O,SA = a va SA

vubng goc voi day. Khoang cach gitra hai duong thang SB va CD 1a

A a2 g a3 c a2
2 4 3

Cau 13: Cho hinh chép S.ABCD 6 ddy ABCD Ila hinh chit nhat,

D.a

AB=a, AD =a+/3, SD=a+/7 va SA L (ABCD). Goi M, N lan luot I trung diém cua SA va
SB. Tinh khoang cach tir S dén mat phiang (MND).

A 2 g V3 c a3 5 a3
2 3 4 2

Céau 14: Cho hinh chép S.ABCD c6 day la hinh vuéng ABCD canh a, SA=a+/3 va SA
vudng goc voi mat phang (ABCD). Tinh khoang céch giita duong thang AD va mit phang
(SBC).
A. a3 B. a3 C. a3 D. a3
3 2 4
Cau 15: Cho hinh chép S.ABCD c6 day ABCD la hinh thoi. Biét rang tir dién SABD la tir
dién déu canh a. Khoang céch giira hai dudng thang BD va SC 1a
4 4 3 2
Cau 16: Cho hinh chép S.ABCD, day la hinh thang vudng tai A va B véi AB = BC = a,
AD =2a, SA L (ABCD) va SA = a. Khoang cach giita hai duong thang SB va CD la
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a\/§ 3aJ§ a3 D @

A — B. —— C. — .
4 4 3 2

Cau 17: Cho hinh chép S.ABCD, day la hinh thang vuong tai A va B vi AB = BC = a,

AD =2a, SA L (ABCD) va SA = a. Khoang cach giira hai duong thang AC va SD la

a‘G/E B. % C. % D. %

Cau 18: Cho hinh chép S.ABCD c¢6 day 1a hinh vuéng canh a, SA = a/3 va SA vubng gbc
VGi mat phang day. Tim khoang céch tir diém A dén (SBD).

A &vel g, aval c w2 D. 2
3 21 7 7
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