GV: Dao Phuwong Thao -Luyén Thi THPTQGR2ES
Hotline : 0969620228 :

CHUYEN DE : PHUONG TRINH LUONG GIAC

-
Ly thuyét

1. Khai niém phuong trinh twrong duwong

. ‘éDinh nghia:

* Hai phuong trinh dwoc goi la teong duwong khi ching co cung tap nghiém.
* Néu phuong trinh f (x) =0 twong dwong v6i phuong trinh g(x) =0 thi ta viét:

f(x):0<::>g(x):0

N )

» D€ giai phuong trinh, ta bién doi phuong trinh d6 thanh mét phuwong trinh teong
duong don gian hon. Cac phép bién doi nhu vay duoc goi 1a cac phép bién doi teong
duwong.

» Ta ¢ mot sd phép bién doi tuong duong thuong st dung sau:

(1)  Céng hodc trir hai vé& cia phurong trinh véi ciing 1 s8 hodc ciing 1 biéu thirc ma
khong lam thay do6i diéu kién cua phuong trinh.

(2)  Nhan hodc chia hai v€& ctia phuong trinh voi cling 1 s8 khéc 0 hodc ciing 1 biéu
thirc ludn c6 gia tri khac 0 ma khong lam thay doi diéu kién cua phuong trinh.

» D€ chi sy twong duong ctia cac phuong trinh, nguoi ta dung ki hiéu "< "
& J

2. Phuong trinh sinx=a
o
Xét phuong trinh sinx =a (1)
* Néu |a|>1 thi phuong trinh (1) v6 nghiém.

> \ \ , A X =arcsina+ k2w
*  Néu |a|<1 thi phuong trinh (1) c6 nghiém

(keZ).

x=7m—arcsina+ k2w

» TOAN TU TAM
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U=v+k2m (keZ)

»  SINU =SSNy <
U=mw—-v+k2mw

» Truong hop dac biét:
(1) sinx:—1<:>x:—2+k27r,kez
(2) sinx=0ox=km,keZ
(3) sinx=l<:>x=g+k27r,keZ

= (3°+k.360°
x=p (kez)
x =180°—-3°+k.360°

» Phuong trinh sinx =sin3° < {
&

3. Phwong trinh cosx = a
o
Xét phuong trinh cosx =a (1)
* Néu ‘a‘ >1 thi phuong trinh (1) v6 nghiém.

x=arccosa+k2xw
e NEéu |a|£1 thi phwong trinh (1) c6 nghiém keZ).
| | p & ( ) e x=—arccosa+k27r( )

&

Uu=v+k2m
» COSU=COST << ,(keZ)
u=-v+k2m

» Truong hop dac biét:

1) cosx=0<:>x=g+k7r,kez

(2) cosx=l<x=k2m,keZ

3) cosx=-lox=n+k2m,keZ

= 3°+k.360°

x=3%+ ( EZ)
x=—3°+k.360°

» Phuong trinh cosx =cos3° <> {
\

4. Phwong trinh tanx=a & cotx =a

o

. Phuong trinh tanx=a cotx=a
Diéu kién x¢g+kw véi keZ x#km v6i keZ
Nghiém x=arctan(a)+k7r,ke Z x:arccot(a)+k7r, kel

» TOAN TU TAM
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u#—+kr hayv¢£+k7r
2 2

tanu =tanv < kel

u=v+km

h

cotu=cotv < u;tk?r( ayvikw),kez

u=v+km
Truong hop déc biét:
(1) tanx=0=x=km,keZ (4)c0tx=0<:>x:%+k7r,kez
(2) tanx=1<:>x=%+k7r,kez (5)C0tx=1<:>x=%+k7r,kez
(3) tanx:—1<:>x:—%+k7r,kez (6)cotx:—lc>x=—%+k7r,kez

Phuong trinh tanx =tan3° < x = (3°+k.180°% ke Z
Phuong trinh cotx=cot(3°< x=3°+k.180°,ke Z

» TOAN TU TAM
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&Ca’c dang bai tap

R~ Dang 1. Phwong trinh sinx = a

al 7
-, Phwong phap ) \

Xét phuong trinh sinx =4 (1)
» Néu |a’ >1 thi phuong trinh (1) v6 nghiém.

X =arcsing+ k2w

» Néu |a|<1 thi phuong trinh (1) c6 nghiém [ (k € Z) .

X =m—arcsina+ k2w
Chii y:

u=v+k2m

» sinu=sinv<:>[ (keZ)

U=m—ov+k2=w

» Truong hop dac biét:
1) sinx=—1c>x:—g+k2frr,keZ
2) sinx=0ox=km,keZ
(3) sinx:l@x:ngw,kez

x = [3°+k.360°

Phuong trinh sinx =sin3° < NkeZ
’ & ’ [x:180°—6°+k.3600( )

Vidu1l.1.

Giai cac phwong trinh sau

(1) sinxz—g (2) sin(x—60°)

(3) sin3x:—i 4) sin[x+7r]=—\/g
3 2 3 2

(5) 2sin(3x+1) =1 6) sin{sin(x+§ﬂ=0
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R~ Dang 2. Phwong trinh cosx = a

a 7
— f‘i,‘thmgphup ) \

Xét phuong trinh cosx =a (1)
» Néu |4 >1 thi phuong trinh (1) v6 nghiém.

x =arccosa+k2
» Néu |a| <1 thi phuong trinh (1) ¢6 nghiém " (k € Z) .
X =-arccosa+ k2w

Chu y:
u=v+k2n ,(keZ)

» COSU =COST &
Uu=-v+k2w

M

Truong hop dac biét:

(1) cosx:0<:>ng+k7r,kez

(2) cosx=lox=k2m,keZ

(3) cosx=-lox=n+k2n,keZ

= 3°+k.360°

7 (ke2)
x=-03°+k.360°

M

Phuong trinh cosx = cos 3° < {

Vidu 2.1.

Giai cac phwong trinh sau

T \/5 2
(1) COS(?}X—EJ——? (2) cos(x—Z)—g
(3) cos(2x+50°)—% 4) 2cosx =-1
(5) 2024.cos(x+30°) = 2025 (6) cos(cos(x+2))=1
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R~ Dang 3. Phwong trinh tanx =ava cotx = a

— ;,‘E Phuong phap )

Xét phuong trinh cosx =a (1)

Phuong trinh tanx =a

cotx=a

SR aR m o
Diéu kién X# 5+ kw voi keZ

x#km voi keZ

x=arcc0t(u)+k7r, keZ

4) cotx=0<:>x:%+k7r,kez
(5) cotx:1<:>x22+k7r,kez

(6) cotx=—1<:>x=—%+k7r,kez

Nghiém x =arctan(a)+kn ke Z
Chu y:
U —+km hayv¢1+kw
» tanu=tanv < 2 2 ,keZ
U=0v+knr
#kmw(h #k
» cotu=cotv " W( e W),keZ
u=v+kmw
» Trueong hop dac biét:
(1) tanx=0<x=km keZ
(2) tanx:1<:>x:2+k7r,kez
(3) tanx=—1<:>x=—%+k7r,kez
» Phuong trinh tanx =tan 8° < x = 3°+k.180°,k € Z
» Phuong trinh cotx =cot3° < x=3°+k.180°, ke Z

Vidu 3.1.

Gidi cac phwong trinh sau
(1) tan2x = ’tan%r

5

(3) tan(3x-30°)=- ;

(5) (coté—lj(cot;+ IJ =0
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R~ Dang 4. Phwong trinh cé nghiém thudc khoang — doan

— 1‘- 4
= Phwong phap )

» Buwdc 1:
» Budc 2:

Vi du:

» Bwdc 3:

Phuwong phap tim nghiém trong khoang, doan (a;b) hoac [a; b] hoac [a;b) hoac (a;b]:

Giai phuong trinh (duwa vé phuong trinh co ban).
Ung véi moi nghiém thudc khoang doan, tim diéu kién ctia cac s6 nguyén k
thoa man.

™
X=——+km

O buéc 1 ta im duwoc ho nghiém 3
X= Tﬂ- + k7

Voi x=—%+kw: a<—%+kw<b—>k:?

Voi x:%rﬂcw: a<3§+kw<b—>k:?

Két luan nghiém.

2
Vidu4.1.

Vidu 4.2.

» TOAN TU TAM

Gidi phuong trinh luwong gidc cosx =0 trén khoang (0; 27r) .

Tim nghiém cua phuong trinh 25in(x +40°) =3 trén khoang (—180°;180°) .

= Loi gidi

Trang 10
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Vidu4.3.
Giai phuong trinh luvong giac tanx =—1 trén khoang {0;3;} .

= Loi giai

Vidu 4.4.

sin3x

Tim nghiém cua phuong trinh =0 trén doan [27r ;47r]

cosx+1
= Loi gidi

» TOAN TU TAM
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R~ Dang 5. Bai toan thuyc té lién quan phuong trinh lwgng giac

— ;‘: Phwong phap )
» Budc1:  DPoc va hiéu ndi dung bai toan thuc té da cho.
» Bwdc 2:  Phén tich bai toan d€ nhan dién bai toan thudc ndi dung kién thikc lién quan
dén ham s0 lwong giac, phwong trinh lwong giac nao.
» Budc 3: Dung kién thirc da hoc, giai bai toan va két ludn nghiém.

K4

Vidu5.1.

SO gio c6 anh sang mat troi cia mot thanh phd A trong ngay thit ¢ ctia nam 2017 dwoc
cho béi mot ham s6 y = 4511{%(15—60)} +10 véi teZ va 0<t <365. Vao ngay nao

trong nam thi thanh phd A c¢6 nhiéu gio c6 anh sang mat troi nhat?
= Loi giai

Vidu5.2.

Chiéu cao /1(m) ctia mét cabin trén vong quay vao thoi diém ¢ gidy sau khi bat dau
chuyén dong duoc cho baoi cong thirc h(t) =30+20 sin[;—st + %] . Sau 2 phut ké tu khi

bat dau chuyén dong, Cabin dat d6 cao t6i da bao nhiéu lan?
= Loi gidi

» TOAN TU TAM
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Luyén tap

A. Céu héi— Trd 1oi trdc nghiém

» Cau 1.

» Cau 2.

» Cau 3.

» Cau 4.

» Cau 5.

» TOAN TU TAM

Cho ham s6 y =cosx ¢6 d6 thi nhu hinh vé.

Nghiém ctia phwong trinh cos x = —1trong khoang (0; 27?) la:

A. x=0. B. x=m. C. x=2x. D.ng.
Cho ham s6 y =sinx c¢6 do6 thi nhuw hinh vé.
147
_\____;_i___vr\" ——————
2 .
—_ ! X
______ ??TB_Lef{f1____%____?T}Em‘
—1
Nghiém ctia phwong trinh sinx =1trong khoang (0;7r) la:
A. x=0. B.x=7. C.x=—2, D.x=—.
2 2
Cho ham s6 y =cosx ¢6 d6 thi nhw hinh vé.
\Y
!
__________ SR L g zm o m e
In | T # T | In -
'.1:: in T "= ) f ) i _‘:[ ) %
B EX O S S 2 e T -
1
Tap nghiém cta phuong trinh cosx =1 1a?
A. x=kn(keZ). B. x=n+k2r(keZ).
C. x=k2r(keZ). D.x:g+k27r(keZ).
Phuong trinh cosx =0 ¢6 nghiém la:
A x="vkn (kez). B. x=k2n (keZ).
2
C. x=—+k2r (keZ). D. x=kr (keZ).
2
Phuong trinh 2.sinx—1=0 co tap nghiém la
A =12 vk2m 2 s k2n ke 2y . B. S={Z +k2m— % +k2r ke L)
6 6 3 3
C. S:{%+k27r;—%+k27r,kez}. D. S:{%+k27r,keZ}.
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\ 7r 7 n/ 2 4 - A \
» Cau 6. Phuong trinh cosx = cosg co tat ca cac nghiém la:

A. x=%+k27r(keZ) B. x=i%+k7r(keZ)
C.x=t +k2n(ke) D. x= +k2n(ke)
» Cau7. Tatca cdc nghiém ctia phuwong trinh sinx = sin% la
x=z+k27r x=z+k27r
Al 3 (kez). B.| 3 (kez).
T 2w
x=—§+k27r x=?+k27r
. X=2tkr
C.x=—+kn (keZ). D. 3 (kez).
3 27
x=?+k7r
A . 1.,
» Cau 8. Nghiém cuia phuwong trinh Cosxzi la
A. x:ig+k27r. B. x=i%+k27r. C. x:i%+k27r. D. x=i%+k27r.

» Cau 9. Phuong trinh cos2mx = ;822 c6 bao nhiéu nghiém trong (—7r; 7r)

A. 1. B. 0. C. 2. D. 5.
» Cau 10. Nghiém ctia phwong trinh 2cos(x —15°) -1=01a
[ x=75°+k360° x = 60°+ k360°
A. L, keZ. B. ,kelZ.
| x=135°+£360° x =—-60°+k360°

keZ

C. , keZ ,
| x = —45°+ k360° x = —45°+ k360°

[ x = 45° + k360° b [x = 75°+ k360°

. . 3
» Cau 11. Giai phuwong trinh cosx = E)

V3

A x=2"vk2r (kek). B.x=%+kr (keZ).
2 6

C.x=t_+k2n (keZ). D. x=t_+k2r (keZ).
6 3

- A 2 \ 7r \
» Cau 12. Nghiém ctia phwong trinh cosx = COSE la

Xx=—+k2r X=—+k2m
Al B (klen). B.| 2 (klez).
11x T
Xx=—"—+I27 x=——+I27
12 12
C.x=_-+kor (kei). D. x =22 4 k2r (kez)
12

» TOAN TU TAM Trang 14



» Cau 13.

» Cau 14.

» Cau 15.

» Cau 16.

» Cau 17.

» Cau 18.

» Cau 19.

» Cau 20.

» Cau 21.

» Cau 22.

» TOAN TU TAM

GV: Pao Phuong Thio -Luyén Thi THPTQERES
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Phuong trinh sin 2x -2 =0 6 nghiém la
3
m  km

A. x=km,kelZ. B. =€+7 ,keZ. C. x—5+k7r keZ. D. x—§+k7r keZ.
Giai phuong trinh cosx =1.
A. x-kg keZ. B. x=kr, keZ.
C. x:g+k27r, keZ. D.x=k2r, keZ.
Phuong trinh 2sinx—~/3=0c6 tap nghiém la:
A. {i%+k2w,keZ}. B. {i%+k2w,keZ}.

s 57 s 27
C. {€+k271',?+k27f,k62}. D. {§+k27r,?+k2w,keZ}.

Tong cac nghiém ctia phwong trinh 2 sin(x + 40°) =3 tren khoang (—180° ;180°) la
A. 20°. B. 100°. C. 80°. D. 120°.

Tim tong cac nghiém ctia phuwong trinh cos [Sx —%j = cos(Zx —%J trén [O ,'7T:| .

A 4T 5 4 ¢ 45r b 1T
18 18 18 18
S6 nghiém phwong trinh sindy__ 0 thudc doan |:27r; 47r:| la
cosx+1
A 7. B. 6. C. 4. D. 5.
V6i nhitng gid tri nao ctia x thi gid trji ctia cdc ham s§ y =sin3x va y =sinx bang nhau?

x=k2mw

T
Al T (kez). B.x—kz(keZ).
4
. x=km
C x=k7(kez). D.| x .« (kez).
4 2
S6 nghiém ctia phuong trinh sinx =0 trén doan [O;w] la
Al B. 2. C. 0. D. 5.

Nghiém ctua phuong trinh sin (g - x] +1=01Ia

A. =%r+k27r keZ. B. =%T+k7r keZ.
1 5m
C.x=—?+k7r keZ. D.x=?+k27r,keZ.

Tap nghiém cta phuwong trinh cos3x +sin 2% =0la

JNRFELN YA B {420 K20 gt
16 3 9 3
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¢ fsSrter gl . [s55. 420 g]
9 3 12 3
» Cau 23. Trong cac phuwong trinh sau, phwong trinh nao c6 nghiém?
A. cosx=3. B. sin2x=-2.
C. cos| 2x—Z |=-1. D. Cos(2x 1) ﬂ
3 2
» Cau 24. Phuong trinh nao sau day c6 nghiém?
A. sin2021x-2=0. B. cos(2x+2021)=3.
C. sin®x+1=0. D. cos(2x+2021)=-
» Cau25. Phuong trinh 2sinx++/3=0 ¢ tdng nghiém duong nho nhat va nghiém 4m 16n nhat
bang
AT B. 2. C.z. D.«
3 3
» Cau 26. Nghiém ctua phuwong trinh sm(x + Zj = 7zs1n[%j la
x=—+2kn X=—— ik
A. 127 B 172
x=——7T+2k7r x=—-"+kn
L 12 12
x:—i—i—Zka x=—1+k7r
C. 712 . D. 712
= 4 2km X=-—ttkm
L 12 12
» Cau 27. Tap nghiém ctia phuong trinh sin’ x—2sinx+1=0 1a?
A.x=—%+2k7r,keZ. B.x=%+2kw,keZ.
C.x=g+2k7r,keZ. D.x:—%ﬂkwkez
» Cau 28. Cho phuong trinh sinx = % S6 nghiém ctia phuong trinh trén doan [—% ; w} la?
A. 2. B. 3. C. 4. D. 1.
» Cau 29. Phuong trinh 3cos’ x+7cosx-10=0 c6 nghiém 1a?
A. x-kg keZ. B. x=n+2km,keZ. C. x=kn,keZ. D. x=2kr,keZ.
» Cau 30. Phuong trinh cos(2x + 30°) +sinx =0 céd nghiém la
[ x=60°+k180° x = 60°+£k360°
A. (k € Z). . ( € Z) .
| x=40°+k120° x =—40°+£k120
- k27
x =30°+£360° u
C. (kez). D.|"737 73 (ken).
| x=15°+Kk180° o

» Cau31. Choham s6 y =sinx c6 d6 thi nhu hinh vé.

» TOAN TU TAM Trang 16



» Cau 32.

» Cau 33.

» Cau 34.

» Cau 35.

» Cau 36.

GV: Dao Phuong Thao -Luyén Thi THPTQGRES
Hotline : 0969620228 :

» TOAN TU TAM

Hay tim tap tat ca cac gia tri cua m d€ phuong trinh ‘sin x‘ =m c6 nghiém?

A. -1<m<l1. B. -1<m<0. C. -1<m<D0. D. 0<m<1.

Y

Tim tat ca cac nghiém ctia phueong trinh

. . T . T v . T
sin x.sin § +C0s 2x.sin Z = COS X.COS § +sin 2x.cos Z .

x=L 1 k2r x=—7—7r+k27r
A (kez). B 12 (kez)
1T 2m T T
X=——+k— x=—+k—
36 3 36 3
x:5—7T+k27T x:7—7T+k7T
c| 1 (kez). p.| 12 (kez).
T 2w T
X=——+k— X=——+k27
6 3 36
Phuong trinh sin5x—sinx =0 c6 bao nhiéu nghiém thudc doan [—20187r; 201871’] ?
A. 20179. B. 20181. C. 16144. D. 16145.

Nghiém ctia phwong trinh sin8x —cos6x = J3 (sin 6x +cos 8x) la

s T
x=—+km x=—+km
Al 4 (keZ). B.| 3 (keZ).
v T T T
x=—+k= x=—+k—
127 6 2
x=2rkr x="kr
el °  (kem). D.| &  (kewm.
T T T T
Xx=—+k— Xx=—+k—
72 9 3

S gid c6 anh sdng mat troi ctia mot thanh phd A & vi d6 40° bac trong ngay thit ¢ ctia mot
nim khong nhudn dugc cho boi ham s3 d(t)= SSin{ﬁ(t —80)} +12 véi teZ va

0<t<365. Vao ngay nao trong nam thi thanh phd A c6 nhiéu gio c6 anh sang mat troi
nhat?

A. 170. B. 171. C.172. D. 173.

Mot chiéc gudng nude c6 dang hinh tron ban kinh 2,5m; truc cua né dat cdch mat nuwéce
2m (hinh vé). Khi guéng quay déu, khoang cach /1 (mét) tir mot chiéc gau gan tai diém A
cuia guong dén mat nudc duoc tinh theo cong thic h= ‘y‘ trong do




» Cau 37.

GV: Dao Phuong Thao -Luyén Thi THPTQURES
Hotline : 0969620228 :

y=2+ 2,55in[27r[x —%ﬂ v6i x 12 thoi gian quay cua gudng (x > 0), tinh bang phut (quy

wdc y >0 khi gau 0 bén trén mat nudc va y <0 khi gau ¢ dudi nudc). Chiéc gau cach mat

nudc 2m Jan dau tién khi nao?

1 1
A. 4phut. B. 2 phut. C. 2 phut. D. > phut.
Guong nudc (hay con goi la con nuede) khong chi la cong cu phuc vu san xudt nong nghiép,
ma da trd thanh hinh anh quen thudc ctia ban lang va la mot nét van hoa dac trung cta
dong bao dan toc mién nti phia Bac.

Mot chiéc guong nude cd dang hinh tron ban kinh 3,5m ; truc ctia né dat cach mat nuéce
3m . Khi guéng quay déu, khoang cach h(m) tlr mot 6ng dung nudc gan tai mot diém

cua guong dén mdt nudc duoc tinh theo c¢dng thuc h:‘y

, trong do
y= 3,55in(27rx—gj+3, véi x (phut) 1a thoi gian quay ctia gudng (x >0). Hay chi ra gia

tri cia x nhé nhat dé dng dung nudc cach mat nuwde 3m .

NS ) et o1
4 4 8 8
B. Cau héi - Tra 1oi Diing/sai
» Cau 38. Cho phuong trinh sinx=a (1).
M¢énh dé Pung | Sai
(a) | Néu a>1 thi phuong trinh (1) vd nghiém.
(b) | Néu a =1 thi phwong trinh (1) c6 nghiém « = g + kw,(k € Z).
Néu 1< a<1 thi phuong trinh (1) c6 nghiém | T °"  (kez)
-1<a< w €
© éu 1 phwong trinh (1) c6 nghiém et k2
voi a=sina.
@ Phuong trinh (1) c6 hai diém biéu dién nghiém trén duong tron
leong giac.
» TOAN TU TAM
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» Cau 39. Cho phuong trinh lwgng giac 2sinx — J2 =0. Khi d¢:

Ménh dé

Pung

Sai

(a)

Phuong trinh trong duong véi phuong trinh sinx = sin% .

(b)

Phuong trinh c6 nghiém la x = % +k2m;x = 3%+ k27r(k € Z) .

(c)

Phuong trinh ¢6 nghiém am 1én nhat la % .

(d)

SO nghiém cuia phuong trinh trong khoang (—g ,gj la hai nghiém.

» Cau 40. Cho phuong trinh lwong gidc sin2x = —% (*) . Khi dé:

Ménh dé

Pung

Sai

(@)

Phuong trinh (*) twong duong sin2x = sin—

(b)

Trong khoang (0; 7r) phuong trinh ¢6 3 nghiém

(c)

Tong cac nghiém ctia phuwong trinh trong khoang (0; 7r) bang 3%

(d)

11

Trong khoang (0; 7r) phuong trinh cé nghiém 16n nhat bang e

» Cau 41. Cho phuong trinh luong gidc 2cosx = J3, khi d6:

Ménh dé

Dung

Sai

(a)

Phuong trinh ¢ nghiém x =+ g +k2n(k e Z)

(b)

Trong doan {0;5%} phuong trinh c6 4 nghiém

()

257

Tong cac nghiém ctia phuong trinh trong doan {0;5%} bang 5

(d)

Trong doan {0;5%} phuong trinh ¢ nghiém 16n nhat bang 13%

» Cau42. Cho phwong trinh sin(Zx - %) = sin(x + 3%} (*) , vay:

Ménh dé

Dung

Sai

(a)

xX=mw+k2mw
Phuong trinh c6 nghiém T 2 (ke).

"6 3

(b)

Trong khoang (O; 7r) phuong trinh c6 2 nghiém

(0

Trong khoang (0; 7r) phuong trinh ¢ 2 nghiém am

(d)

» TOAN TU TAM
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6

Tong cac nghiém cua phuwong trinh trong khoang (0; 7r) bang
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» Cau43. Cho phuong trinh luong giac 3 - J3 tan(Zx —%j =0, khi do:

Ménh dé Dilng | Sai
. . A m  km
(a) | Phuong trinh c6 nghiém x = 5 + PX keZ.
. —7r 27-(_ \ \ 7 A
(b) | Khi 7 <x< 3 thi phuong trinh c6 ba nghiém
(¢) | Phuong trinh c6 nghiém am 16n nhat bang —%
0 . A . . -T 2T,y T
(d) | Tong cac nghiém ctia phwong trinh trong khoang (T ; ?j bang 5
» Cau 44. Cho hai d6 thi ham s6 y = sin(x+%] va y =sinx, khi do:
Ménh dé bung | Sai
Phuong trinh hoanh d¢ giao diém cta hai d6 thi ham s6:
@ | . ( wj .
sin| x+— |=sinx
4
(b) | Hoanh d¢ giao diém cta hai d6 thila x = 3% +kn(k e Z)
(c) | Khi xe [O; 27r] thi hai d6 thi ham s8 cit nhau tai ba diém
Khi x €[ 0;27 | thi toa d6 giao diém ctia hai d6 thj ham s6 1a:
(d| (570 . 5x\(7n . Tnm
—;sin— |,| —;sin— |.
8 8 8 8
» Cau 45. Cho phuong trinh lwong giac ZSin(x —%) ++/3=0.
M¢énh dé Ping | Sai
(a) | Phuong trinh twong duong sin[x - %j = sin(%} .
N ‘ A1y 0 i
(b) | Phuwong trinh cé nghiém la: x = 2 +k2m;x = el +k2m (keZ).
(¢) | Phuong trinh cé nghiém am 16n nhat bang —% .
(d) | SO nghiém ctia phuwong trinh trong khoang (—7r; 7r) la hai nghiém.
» Cau46. Cho phuong trinh (2cosx —l)(sin 2x— m) =0 (1) .
Ménh dé Dung | Sai

(@)

» TOAN TU TAM

X = %r la mot nghiém ctia phwong trinh (l) .
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x=z+k27r
3

(b) | Khi m =2 thi phuong trinh (1) & x:—%+k27r (k,1e2)

x:£+l27r
2

© Khi m =1 thi tdp nghiém ctia phuong trinh (1) c6 tat ca 4 diém biéu
c

dién trén duong tron lwong gidc.

Chi tim dwgc mot gia tri cua m d€ phwong trinh (1) c6 dung hai
(d)

nghiém thudc [—% ,3%} .

» Cau 47. Hang ngay, myc nude cua con kénh 1én xudng theo thuy triéu. B sdu h (m) clia murc nudcC

trong kénh tai thoi diém t(h) (0<t<24) duoc cho boi cong thirc h = 3C08(%t + %J +12.

Ménh dé bang | Sai
(a) | Do sau ctia murc nude trong kénh nhé nhat bang 9.

(b) | D6 sau cta myc nwdc trong kénh 16n nhat béng 15m.

(0

Trong 1 ngay c6 diung 3 thoi diém ma d¢ sau ctia myc nudc trong
kénh dat gia tri 16n nhat.
(d) | B6 sau ctia muc nuwdce trong kénh tai thoi diém 12(h) bang 13m.

C. Cdu héi - Tra Loi ngin
» Cau 48. Ho nghiém phuwong trinh lwong gidc: Cos<x +30°)+1= 0 c6dang x=a +k-b’ (k e Z), vOi

a;b 1a cac sO nguyén. Tinh gid tri S=b—a

= Dién dap so:

» Cau 49. Phuong trinh lugng giac: tan(Zx —%j = g c6 ho nghiém dang x = I+ k% (k € Z), vOi
a

a;b 1a cac sO nguyén. Tinh gid tri T = a(a+b)

= Dién dap so:

» Cau 50. Ho nghiém phuong trinh lwgng gidc: \/étanw—zx =3 cédang x=a +k-b" (keZ), v6i m;n

\ s~ A Mo A NN 2 , sy
la cac s6 nguyén va — la phan so toi gian. Tinh gid tri P =m"
n

= Dién dap so:

» Cau 51. Phuong trinh ZSin(x - %J +2=0 cd bao nhiéu nghiém trén khoang (0; 27?)

= Dién dap so:

» TOAN TU TAM



» Cau 52.

» Cau 53.

» Cau 54.

» Cau 55.

» Cau 56.

» Cau 57.

» Cau 58.

» Cau 59.

» TOAN TU TAM
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Cho phuong trinh cos[Zx + %j =cos [g —gj . Tim s6 nghiém thudc khoang (% ; 8%} cta

phuong trinh.

= Dién dap so:
Cho phuong trinh cosx =sin3x . Tinh tong cac nghiém thudc khoang (0 ; 27r) cua phuong

trinh (lam tron dén hang phin chuc).

= Dién dap so:
Cé bao nhiéu gid tri nguyén cua tham s m dé€ phuong trinh cosx =m c6 nghiém?

= Dién dap so:
Cé bao nhiéu gid tri nguyén cua tham s m d€ phuong trinh sinx —m =1 c¢6 nghiém.

= Dién dap so6:

C6 bao nhiéu gia tri nguyén ctia tham s6 m dé phuong trinh 3sin’ x +sin 2x —mcos® x =0
c6 nghiém.

= Dién dap so6:
C6 bao nhiéu gia tri nguyén ctia tham s6 m trong doan [—10;10] mtanx+2=m co

nghiém.

= Dién dap so:
Mot vé tinh bay quanh Trai Dat theo mot quy dao hinh Elip (nhw hinh vé):
Vé tinh

h =100

Do cao h (tinh bang kilomet) ctia vé tinh so véi bé mat Trai DAt duwoc xac dinh boi cong
thire h =550+450-cos %t . Trong d6 t 1a thoi gian tinh bang phut ké tit ltc vé tinh bay

vao quy dao. Nguoi ta can thuc hién mot thi nghiém khoa hoc khi vé tinh cach mat dat
250km . Trong khoang 60 phut dau tién ke tir ltic vé tinh bay vao quy dao, hay tim thoi
diém t d€ co thé thuc hién thi nghiém d6? (két qua lam tron dén chir s6'thdp phin thir 1)

= Dién dap so:
Miia xuan ¢ Hoi Lim (tinh Bac Ninh) thuong c6 tro choi du. Khi nguredi choi du nhtin déu,
cay du sé dwa nguoi choi du dao dong qua lai vi tri can bang. Nghién cttu tro choi nay,
nguoi ta thdy khoang cach /1 (mét) duoc tinh ti vi tri chan nguoi choi du dén vi tri can

bang duoc biéu dién boi hé thic h=|d| véi d= SCOS{%(Zt—l)} (t>0 va dugc tinh bang

gidy), trong d6 ta quy uéc d >0 khi vi tri can bang & vé phia sau lung nguoi choi du va
d <0 trong treong hop nguoc lai.




» Cau 60.
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Vi tri cdn bang

Hoi trong 3 gidy dau tién, ¢ tat ca bao nhiéu lan nguoi choi du ¢ cach vi tri can bang 1
mét?

= Dién dap so:

Trong mon cau 1ong, khi phat cau, nguoi choi can danh cau qua khai lwéi sang phia san
d6i phuwong va khong duwgc dé€ cho cau roi ngoai bién.
Trong mat phang toa &6 Oxy, chon diém c6 toa do (O; yo) la diém xuat phat thi phuong
trinh quy dao cta cau 16ng khi roi khoi mét vot la:
_g . x2
y =m+x-tan(a)+yo
Trong do:
» g 1a gia toc trong treong (thwong dwgc chon 1a 9,8m /% );
» a 1a goc phat cau (so voi phwong ngang cua mat dat);
» v, la van toc ban dau cta cau;
» y, 1a khoang cach tit vi tri phat cau dén mat dat.
bay la mot ham s6 bac hai nén quy dao chuyén dong cua cau 16ng la mot parabol. Mot
nguoi choi cau 16ng dang ding khoang cach tir vi tri nguoi nay dén vi tri cau roi cham
dat (tam bay xa) la 6,68m . Quan sat hinh bén dudi, hoi nguoi choi da phat cau goc
khoang bao nhiéu d6 so v6i mat dat? Biét cau roi mat vot & do cao 0,7m so voi mat dat;
van t8c xudt phat ctia cau 1a 8m /s ; nguoi choi khong phat cau quéa 50° va bo qua stic
can ctia gi6 va xem quy dao cia ciu ludn nam trong mit phang phing ding).
Y a

-

~;jﬂ-\
(8] N
0.7 m [ .
yVE— +tan(a)_\'+ Yy
2y, .c08" a

o diém cham dét

—» X

= Dién dap so:




